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Abstract

Wearable sensors enable health researchers to continuously collect data pertaining to the
physiological state of individuals in real-world settings. However, such data can be subject to
extensive missingness due to a complex combination of factors. In this work, we study the
problem of imputation of missing step count data, one of the most ubiquitous forms of wearable
sensor data. We construct a novel and large scale data set consisting of a training set with over

3 million hourly step count observations and a test set with over 2.5 million hourly step count
observations. We propose a domain knowledge-informed sparse self-attention model for this task
that captures the temporal multi-scale nature of step-count data. We assess the performance of the
model relative to baselines and conduct ablation studies to verify our specific model designs.

1. Introduction

Step count data collected by smart watches and activity trackers is one of the most
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ubiquitous forms of wearable sensor data. These data have the potential to provide valuable
and detailed information about physical activity patterns and their relationship to other facets
of health over long time spans. These data also have the potential to provide valuable
contextual information for just-in-time adaptive interventions that target improving levels

of physical activity or deceasing sedentary behavior (Rehg et al., 2017; Spruijt-Metz et al.,
2022). However, wearable sensor data are subject to complex missingness patterns that arise
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from a variety of causes including device non-wear, insecure device attachment and devices
running out of battery (Tackney et al., 2022; Lin et al., 2020; Rahman et al., 2017).

Importantly, these missingness issues can hinder the utility of wearable sensor data to
support both improved understanding of health behaviors and to provide actionable contexts
in the case of adaptive interventions. Indeed, the presence of missing step count data is

a problem for traditional statistical analyses that aim to relate physical activity levels to
other health events and to the effect of interventions (Master et al., 2022; Hall et al., 2020).
Missing step count data is also a problem when practitioners seek to use these data as
inputs to common supervised and unsupervised models that require complete data as input
(Papathomas et al., 2021), as well as when step count data is used in the reward function for
reinforcement learning-based adaptive interventions (Liao et al., 2020; Zhou et al., 2018).

In this paper, we consider the problem of imputing missing step count data at the hourly
level. This problem has a number of significant challenges due to the presence of high
variability in patterns of physical activity both through time for a single person and
between different people. This variability can be attributed to a collection of factors that
are exogenous to step count data itself including an individual’s levels of restedness and
business, environmental factors such as weather and temperature, changes in daily routine,
seasonal effects, onset and recovery from illness and other major life events. To make
progress on these challenges necessitate both carefully designed, domain-informed models
and the availability of large-scale step count datasets.

To address the need for a large-scale data set, we curate a training set consisting of hourly
step count data from 100 individuals. The average step count time series length is over 50,
000 hourly observations per person in the training set yielding a total of over 3 million
hourly step count observations. We curate a test set consisting of data from 500 individuals
including over 2.5 million observed hourly step count instances. This data set is based on
minute-level Fitbit step count data collected as part of the A// of Us research project (Mapes
et al., 2020; Mayo et al., 2023). The A/l of Us data set is freely available to registered
researchers.

To address the modeling challenges, we introduce a novel sparse self-attention model
inspired by the transformer architecture (Vaswani et al., 2017). The proposed model uses
sparse attention to handle the quadratic complexity of the standard dense self-attention
mechanism, which is not practical given long time series as input. Importantly, the sparse
self-attention mechanism is designed to be temporally multi-scale in order to capture
diurnal, weekly, and longer time-scale correlations. The specific design used is informed
by an analysis of hourly step count autocorrelations. Finally, we design an input feature
representation that combines a time encoding (hour of day, day of week) with a temporally
local activity pattern representation.

We compare our proposed model to a broad set of prior models and approaches including a
convolutional denoising autoencoder that achieved state-of-the-art performance on missing
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data imputation in actigraphy data (Jang et al., 2020). The results show that our model
achieves statistically significant improvements in average predictive performance relative to
the prior approaches considered at the p < 0.05 level. We further break down performance by
missing data rate and ground truth step count ranges. Finally, we visualize attention weights
and relative time encodings to investigate what the proposed model learns and conduct an
ablation study of the key components of the proposed model.

We begin by discussing related work in Section 2, and then describe our dataset in Section
3. We describe our proposed self-attention imputation model in Section 4. In Section 5, we
describe our experimental methods and in Section 6, we report our experimental results.

Related Work

In this section, we briefly review general missing data imputation methods for time series,
prior work on sparse self-attention, and prior work specifically on step count imputation
models.

Imputation Methods for Time Series

The missing data imputation problem has been intensively studied in both statistics (Little
and Rubin, 2019) and machine learning (Emmanuel et al., 2021; Gond et al., 2021).
Commonly used baseline methods include mean imputation (Emmanuel et al., 2021),
regression imputation (Little, 1992), k-nearest neighbors (ANN) imputation, and multiple
imputation by chained Equations (MICE) (Little and Rubin, 2019; Azur et al., 2011). Both
regression imputation and MICE are model-based approaches that aim to impute missing
values as functions of observed variables while (ANN) is a non-parametric approach.

More recently, the machine learning community has focused on neural network-based
imputation methods for time series including the use of recurrent neural networks (RNNSs)
(Hochreiter and Schmidhuber, 1997; Cho et al., 2014) and generative adversarial networks
(GAN) (Goodfellow et al., 2014). Che et al. (2018) introduced the gated recurrent unit with
decay (GRU-D) model for irregularly sampled and incomplete time series data, which takes
into account missingness patterns and time lags between consecutive observations (Cho et
al., 2014). In the imputation setting, uni-directional RNN models like GRU-D are typically
outperformed by bi-directional RNN models such as the M-RNN (Yoon et al., 2018) and
BRITS (Cao et al., 2018).

While basic GAN models for fully observed data require only a generator and discriminator,
training these models using partially observed data can require architectural or training
modifications. Luo et al. (2018) trained a GAN model in two stages to select noise capable
of generating samples most similar to the original values. Luo et al. (2019) proposed
E2GAN, which uses an autoencoder architecture as the generator, enabling end-to-end
training and eliminating the need for two-stage training. Additionally, Miao et al. (2021)
(SSGAN) introduced a temporal remainder matrix as a hint to the discriminator to facilitate
training. SSGAN also used time series class labels to guide the generation procedure with
USGAN provising an non-class supervised alternative.
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In this work, we focus on self-attention-based imputation models trained using empirical
risk minimization (ERM). Self-attention based models are well-known to have improved
parallelization compared to RNN-based models (Martin and Cundy, 2018). The use of
ERM-based training (e.g., prediction loss minimization) avoids stability issues inherent

to current GAN-based model training algorithms (Sinha et al., 2020; Arjovsky and

Bottou, 2017). Our primary modeling contribution focuses on making self-attention models
computationally efficient for long time series of step counts using sparsity. We discuss prior
work on sparse self-attention in the next section.

Sparse Self-Attention

Many methods have attempted to address the quadratic complexity of self-attention
computations using sparsity (Tay et al., 2023). For instance, the vision transformer
(Dosovitskiy et al., 2021) and Swin transformer (Liu et al., 2021) apply self-attention on
non-overlapping patches in an image. The sparse transformer (Child et al., 2019) and axial
transformer (Ho et al., 2019) separate the full attention map into several attention steps
using multiple attention heads. Several authors have also investigated learnable sparsity
mechanisms. Deformable DETR (Zhu et al., 2021), Reformer (Kitaev et al., 2020) and
Routing Transformer (Roy et al., 2021) retrieve the most relevant keys for each query using
learnable sampling functions, locality sensitivity hashing, and A-means, respectively. The
draw-back of these approaches is that they typically require higher training times. Our
proposed model uses a fixed, multi-timescale sparsity pattern that is designed specifically for
step count data.

Step Count Imputation

Pires et al. (2020) used ANN imputation for step count data collected from accelerometers
and magnetometers. Tackney et al. (2023) employed multiple imputation methods combined
with both parametric (e.g., regression imputation) and non-parametric approaches (e.g., hot
deck imputation) to impute missing daily and hourly step count data. Ae Lee and Gill
(2018) proposed a zero-inflated Poisson regression model to handle zero step count intervals
more effectively. Jang et al. (2020) used a convolutional denoising autoencoder architecture
that exhibited superior performance compared to multiple other approaches including mean
imputation, Bayesian regression and the zero-inflated model by Ae Lee and Gill (2018).

In this work, we focus on model-based single imputation and compare to a wide range of
baseline and current stat-of-the art approaches on large-scale data.

3. Data Set Development

In this section, we describe the curation and prepossessing methods we apply to develop
the data set used in our experiments. Flowcharts summarizing our methods are provided in
Appendix A.

Data Set Extraction

Our data set is derived from the A/ of Us research program Registered Tier v6 data set
(Mayo et al., 2023). A/l of Usis an NIH-funded research cohort with an enrollment target
of one million people from across the U.S. The v6 data set includes minute-level step count
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and heart rate data collected using Fitibt devices from 11,520 adult participants. While the
All of Usresearch program directly provides daily step count summaries derived from these
data, we focus on the finer-grained problem of imputing missing step count data at the
hourly level. This timescale is highly relevant for applications like the analysis of adaptive
interventions that need access to finer-grained step count data to assess the proximal effects
of actions. Further, due to devices running out of battery during the day and temporary
device non-wear, the base data set contains substantial partial within-day missingness that
can be usefully imputed to support a variety of downstream analyses.

We begin by rolling-up the minute-level Fitibit time series for each participant into an hourly
time series. We use one-hour long blocks aligned with the hours of the day. Each block

is represented by the total observed steps within that hour, the average heart rate within

that hour, and the number of minutes of observed data (the wear time) within that hour.

The range of minutes of wear time for each hourly block is 0-60. We define hourly blocks
with zero minutes of wear time as missing, and hourly blocks with at least one minute of
wear time as observed (our modeling approach will specifically account for observed hourly
blocks with different wear time).

Imputation model training requires holding out observed data to use as prediction targets
thus increasing the amount of missing data seen by models during training. Also, learning
on more complete data makes it easier for models to identify appropriate physical activity
structure in the data. Therefore, we form a training set of individuals with low to moderate
levels of natural missing data. Specifically, we select for the training set the 100 participants
with the most observed hourly blocks among those with at least one 180 day long segment
of step count data containing no run of missing hourly data longer than three days. The
resulting training data set consists of over 3 million observed hourly blocks with an average
time series length of over 50, 000 hours per training set participant.

Since many participants do not wear their devices between 11:00pm and 5:00am and the
observed step count data for those who do is almost always 0 (presumably due to sleep), we
focus on predicting step counts in the interval of 6:00am to 10:00pm (we use data outside
of this range as part of the feature representation for some models). The maximum missing
data rate among the training participants is 20% within the 6:00am to 10:00pm time frame.
Appendix B provides comparisons between the 100 participants in our training cohort and
all 11,520 participants in the A// of Us Fitbit dataset.

To form a test set, we first exclude the training participants. Next, we select a total of 100
participants for each of five missing data level bins [0%, 20%), [20%, 40%), [40%, 60%),
[60%, 80%), and [80%, 100%). We again assess missing data within the 6:00am to 10:00pm
time frame. For the [0%, 20%) bin, we apply the same filtering criteria as for the training
set and select 100 participants at random from those meeting the criteria. For the remaining
bins, we select participants at random with no additional criteria. This yields a total of 500
test participants with a total of approximately 2.5 million observed hourly blocks.
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Data Set Pre-Processing

Once the data set is extracted, we apply several pre-processing steps. First, to deal with
partially observed hourly blocks, the model that we construct uses step rates as features
instead of step counts. The step rate associated with an hourly block is defined as the
observed step count divided by the observed wear time. When making predictions for
observed hourly blocks, the model predicts a step rate, but the loss is computed between the
observed step count and a predicted step count formed by combining the predicted step rate
with the observed wear time.

Further, we use the mean and standard deviation of each participant’s step rate and

heart rate data (ignoring outliers beyond the 99.9% percentile) to compute statistics for
z-normalization (Ulyanov et al., 2016) of step rates and heart rates. This z-normalization
step is applied separately to each participant’s data to provide an initial layer of robustness
to between-person variability. In order to enable vectorized computations over time series
with missing data, we use zero as a placeholder for missing data values and use an auxiliary
response indicator time series to maintain information about which blocks are missing and
which are observed.

Finally, the raw Fitbit time series provided by the A// of Usresearch program were shifted
by a randomly selected number of days for each participant as part of a set of privacy
preserving transformations. In order to enable models to learn common behavior patterns
with respect to day of the week, we select a reference participant and align all other
participants to that participant by considering all shifts of between 0 and 6 days. We use
similarity in average daily step counts as the alignment criteria. While we can not be certain
that this process recovers the correct shift, it will decrease variability relative to the baseline
of not applying this correction.

4. Proposed Model

In this section, we formally define the step count imputation problem within the multivariate
context, and introduce our temporally multi-scale sparse self-attention model architecture.

Problem Definition
We denote by 2 = {C) |n=1,...,N,I=1,...,Lt=1,..,T,} adataset of /participants,

where each participant is represented by a multivariate time series, c® e REXTnwith £
features and 7, hourly blocks. 7, varies across participants, while the number of features

L is constant. In our case, the base features associated with each hourly block include step
count, step rate, heart rate, day of the week, hour of the day and minutes of wear time. When
considering data from a single participant, we drop the (1) superscript for brevity.

For each hourly block ¢ we define the response indicator r;as shown in Equation (1) to
indicate if the participant’s Fitbit data at a given hourly block is observed (i.e. with at least
one minute of wear time). We let C,,; be the wear time. While heart rates may contain
missing values, our focus in this study is not on imputing them. We also note that the hour of
the day, day of the week and wear time itself are always completely observed.
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1 C,.>0

= .
0 otherwise

@)

We let C s be the step count at time at time & The problem is thus to impute C; ,when r;=

0 from the observed data. This includes observed Fitbit data from other time steps as well as
other observed data at time step £ Crucially, we can only train and assess imputation models
on originally observed hourly blocks in the dataset since they have ground-truth Fitbit data
values. Thus, instead of imputing originally missing hourly blocks that do not have ground-
truth values, we hold out hourly blocks with observed values, consider them as “artificially
missing”, then use models to predict their original observed values. Model Overview We
propose a model architecture based on dot-product self-attention (Vaswani et al., 2017).

As noted previously, the standard transformer architecture uses dense self-attention, which
has quadratic cost in the length of an input time series. This is highly prohibitive for long
time series. Indeed, our training data set has an average time series length of 50, 000

hours per participant. This is longer than the context window used in some versions of
GPT-4 (Achiam et al., 2023). Thus, the first key component of our proposed architecture is
the design of a sparse self-attention structure for step count imputation. Based on domain
knowledge combined with data analysis, we propose a self attention mechanism based on

a multi-timescale context window. The second key component of the architecture is the
feature representation. While transformer models applied to text data typically use a base
token embedding computed from fully observed data, we require an input representation
that is specific to this task. We propose a local activity profile representation (LAPR) that
represents hourly blocks with a temporally local window of activity data.

Sparse Self-Attention

In order to construct a self-attention-based model for long time series, we need to drastically
reduce the number of hourly blocks attended to by each query for each missing hourly
block. To begin, let.7 = {1, ..., 7} be the set of all the hourly blocks from a given
participant and |.7| be the size of this set. We define the set ..#() C .7 to be a sub-set of
hourly blocks that a query at time #is allowed to attend to. For improved computational
efficiency, we require |.«Z(9] « /7 /for all £ However, in the missing data context, even if a
time point #is allowed to attend to a time point £, time point £ may not have observed data.
We define a mask function m(¢, ') in Equation (2) that indicates both whether time point ¢
can attend to time point £ and whether time point ¢ is observed.

1) e szi(t) andr, =1
m(t,t') =
0 otherwise

@

The key question is then how to define the self-attention sets /(9. Based on domain
knowledge, we expect that hourly blocks # that are close in time to a given target hourly
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block #will carry information useful to make predictions at time £ However, we also expect
that hourly blocks ¢ corresponding to the same hour of the day as a target block #on nearby
days may carry information useful to make predictions at time £ Similarly, we expect that
hourly blocks ¢ corresponding to the same hour of the day and the same day of the week for
nearby weeks may also carry information useful to make predictions at time ¢

In Figure 1, we present the hourly step count autocorrelation function for our data set to
confirm these expectations. First, we can see that the autocorrelation is highest for the
smallest time lags indicating high correlation between nearby hourly blocks. However, we
can also see strong correlations at time lags of 24 hours (1 day) and 168 hours (1 week).
This confirms our expectations regarding the general correlation structure of the data.

Based on these observations, we propose the multi-time scale context window shown in
Figure 2 as our sparse self-attention set .7 (4. Letting o' be the day number of the target
hourly block ¢ the context window includes data from days d'to day d+ 7 as well as d+ 7k
for k€ {2, 3, 4, 5}. Given that time points # with hour of the day closer to the target hour
thave higher correlations, we limit the context window to include time points ¢ with hours
of the day close to that of ¢ Letting /7 be the hour of the day for the target hourly block ¢

the context window includes hours /Ato A+ 4. Of course, the center of the context window,
which corresponds to the target hourly block ¢ is not included in the sparse self-attention set.
This yields a total self-attention set size of (2 x 4 + 1)(2 x (7 + 4) + 1) — 1 = 206.

Feature Representation

Individual hourly blocks are featurized in terms of step count, step rate, average heart rate,
wear time minutes, hour of the day, and day of the week. However, the target hourly block
has its Fitbit features (i.e. step count, step rate and heart rate) unobserved. A self-attention
computation based on comparing the observed features of the target hourly block to the
corresponding features in blocks in the self-attention set would thus be limited to expressing
similarity based on hour of the day and day of the week.

To overcome this problem, we augment the representation of an hourly block’s step rate
data using a window of activity data from - Wto f+ W. We refer to this as the “local
activity profile” representation (LAPR) of an hourly block. It allows for learning much
richer notions of similarity between hourly blocks within the multi-scale context windows
based on comparing their local activity profiles. As described in Section 5, missing values in
the LAPR feature representation are themselves imputed using a baseline approach.

Proposed Model

The proposed model is summarized in the equations below. s;is the predicted step rate at
time £ ayis the attention weight from hourly block ¢to hourly block £. m(t, ') is the sparse
attention mask function defined in Equation (2). The sparse attention mask ensures that the
attention weight is 0 for time points ¢ that are not included in the sparse self attention
context window as well as points £ with missing Fitbit data.
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S = Z Uy

©)

m(t, t’)exp(q,Tk,/ + el(r, r’))
Dz em(t, u)CXp(q,Tku + el(t,u))

Ay =

©

The primary components of the self-attention computation are the value vy, the query
vector g the key vector ky and the relative time embedding 6(;¢). The value v, the
query vector g;and the key vector k¢ are produced using distinct neural network-based
transformations of the input features for their respective time points. To begin, the local
activity profile representation (LAPR) is processed through an encoder network Conv —
LayerNorm — RelL U — AveragePool. This encoder extracts more abstract features and
also prevents the overfitting problem by lowering the input dimension. The output of the
encoder is then concatenated with the other available features. For the key and the value,
this includes the hour of the day and day of week features as well as the Fitbit features

of that specific time point. For the query, the Fitbit features for the target time point zare
not observed, so the LAPR is concatenated with the hour and day features only. We use a
one-hot encoding representation for the hour and day features. The resulting representation
is projected through linear layers to produce the final query, key and value representations.

To encode information based on the time difference between the target hourly block zand
another block £, a relative time encoding (1) is employed. Essentially, the model provides
an attention bias parameter for each position in the context window. This allows the model to
learn that some relative positions in the context window are valuable to attend to re-gardless
of the similarity in feature values at those relative locations for a particular instance. The
function 6, ) returns the value of the relative time encoding bias parameter for time point
¢ in the context window centered at time £ If £ falls outside of the context window, this
function returns 0.

Loss Function and Training

The output of the model is an unconstrained hourly step rate. We convert the hourly step
rate to a step count using the transformation C,,;min(1.5- 5,4y, max(0, s)) where C,,is
the observed wear time for time £ and ;4 is the maximum training set step rate observed
for the participant. This ensures that the step count is always non-negative and clips the
maximum predicted step rate to avoid predicting outlying values.

We use mean absolute error (MAE) between true and predicted step counts as the

loss function during model training. We use a stochastic gradient descent-based training
approach where each batch contains instances sampled from different participants. We
compute the MAE with equal weight on all samples in the batch. Additional hyper-
parameter optimization and training details can be found in Appendix C.
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5. Experiments

Baselines

In this section, we describe the baseline and prior methods that we compare to. We also
provide experimental protocol and evaluation metric details.

We compare our proposed model to several commonly used strategies for imputing missing
values in time series data, as well as to the state-of-the-art imputation method proposed by
Jang et al. (2020). We group methods into several categories. Simple filling methods include
zero fill, forward fill, backward fill, the average of them (Avg.F+B), mean fill, micro mean
fill and median fill. Here, mean filling uses the mean of the hourly step count computed over
a specified set of hourly blocks while micro mean filling uses the total step count divided by
the total wear time where the totals are computed over a specified set of hourly blocks.

The mean, micro mean and median based methods are applied in four variations
corresponding to computing the imputation statistic over different sets of hourly blocks. All
are applied on a per-participant basis. For example, in the “Participant” variant we compute
a per-participant imputation statistic over all available data for a single participant and then
apply it to all missing hourly blocks for that participant. In the “DW+HD” variant, we
compute an imputation statistic per hour of the day and day of the week for each participant
and apply it to all missing data from that hour of day and day of week combination for that
participant.

The ANN model includes two variants: uniform, which assigns uniform weights to
neighbors, and softmax, where weights depend on an RBF kernel based on the distances
between the target hourly block and its neighbors. Finally, model-based baseline methods
include linear regression imputation, iterative imputation (which iteratively estimates
variables with missing values from other observed variables (Azur et al., 2011)), the stat-
of-the-art convolutional denoising autoencoder (CNN-DAE) model of Jang et al. (2020), the
RNN models BRITS (Cao et al., 2018) and MRNN (YYoon et al., 2018), the USGAN model
of Miao et al. (2021), and the attention model SAITs (Du et al., 2023).

Handling Missing Input Features

Multiple models that we consider including basic regression imputation and the proposed
model will have missing values in their input feature representations. We address missing
data in the LAPR feature representation using DW+HD median imputation. This choice is
made since DW+HD median filling is the most accurate of the basic imputation methods
on these data and often outperforms ANN imputation. For mean and median imputation
methods, if there are no observed hourly blocks associated with a specific hour of the day
or day of the week, we apply participant-level median imputation to all the hourly blocks
associated with that particular hour of the day or day of the week. For more information on
how we handle feature missingness in other baseline models, please refer to Appendix C.
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Data Partitioning

The proposed model and multiple baseline approaches include hyper-parameters that need
to be set. To accomplish this, we apply a 10-fold stratified random sampling validation
approach to the training data set described in Section 3. We use a stratified approach because
the target step count variable is significantly skewed toward low step count values as seen

in Figure 3. When holding out instances, it is thus important to match these statistics since
an over or under abundance of large step count values can have a large effect on validation
set performance estimates. We use per-participant uniform density bins in the stratified
sampling. In terms of the data partitioning scheme, we allocate 80% of instances in each
split for training, 15% for validation and 5% for an in-domain test set. However, in this work
we focus on the fully held out test set described in Section 3 to provide results covering
multiple levels of missing data.

Hyper-Parameter Optimization

The stratified train/validation splits are used to select hyper-parameters for all ANN-based
and model-based approaches including the proposed model. Details including model
configurations, selected hyper-parameters and full training procedures can be found in
Appendix C.

Model Evaluation

We evaluate trained models on the completely held out test set as described in Section 3.
Results are reported per missing data bin as well as overall. We report results in terms of
Macro Mean Absolute Error (MAE). This is the mean over participants in the test set of the
mean absolute error per test participant, which is defined in Equation 5.

N |/%(")|
1 1
Macro MAE = ~ E 0) E AE,,
n=1\~«4 m, =1

®)

where m, € ") is the index of a single hourly block to be imputed from the set of missing
hourly blocks @ of participant 7. Nis the number of participants in the dataset and |[#(7)|
is the number of imputed hourly blocks from participant 7.

As a measure of variation, we report £1.96 times the standard error of the mean,

yielding a 95% confidence interval on mean predictive performance. For models where
hyper-parameters are selected using the 10 validation splits, we determine the optimal
hyper-parameter values using the validation set and average the test predictions of the 10
corresponding models to form a final test prediction. For personalized baseline models (e.g.,
participant-level mean imputation), we use imputation statistics computed from the test data
set. This is necessary because these approaches are applied per-person and the test set
consists of completely held-out individuals with no overlapping data in the training set. This
biases these results in favor of the baselines.
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6. Results

In this section, we present step count imputation results on the 500-participant test set.
Further, we visualize the attention maps and relative time encodings learned by the proposed
model to analyze what the model learns from data. Finally, we provide the results of an
ablation study varying components used in the self-attention model.

Overall Imputation Results

Table 1 shows the overall imputation results (last column) for each method. Methods
highlighted in blue have statistically significantly lower error than other methods in their
group (p < 0.05). Methods highlighted in red have statistically significantly lower error than
other methods across all groups (p < 0.05). As we can see, our sparse self-attention model
achieves the best overall performance and does so with statistical significance relative to all
other methods considered.

Imputation Results by Missingness Rate

The remaining columns in Table 1 show the imputation results for each missingness rate
interval. As we can see, our sparse self-attention model achieves the best performance on all
but the highest missing data rate bin. On participants with extremely high missing rates (i.e.
> 80%), DW+HD Median Fill performs best and is better than our self-attention model with
statistical significance (p < 0.05). This is likely due to the fact that at over 80% missing data,
the context windows for the proposed model will contain relatively few observations while
the LAPR feature vectors will be heavily influenced by the baseline imputation method
used. It may be possible to further improve performance for high missing rate bins by using
adaptive context window sizes and alternative LAPR construction methods or by adaptively
smoothing the model’s prediction towards that of simpler models as the volume of observed
data in the context window decreases.3

Imputation Results by Step Count

We further analyze the imputation results by breaking the overall performance down based
on ground truth step count bins for different models. The performance is evaluated in terms
of micro MAE per ground truth step-count bin. The first plot in Figure 4 shows the test error
rate of the proposed model per ground truth step count bin. We can see that the model has
higher error on bins corresponding to higher ground truth step counts. This is perhaps not
surprising as high ground truth hourly step counts occur much more rarely than low step
counts as seen in Figure 3. The remaining plots in Figure 4 present the ratio of the error
obtained by the DW+HD Median, ANN-Softmax and MRNN approaches (the best other
models in their groups) to that obtained by the proposed model. Ratios above 1 indicate
that the alternative models have higher error than the proposed model. We can see that the
proposed model not only outperforms the alternative models overall, it does so with respect
to almost all individual ground truth step count bins.

3:We note all 95% confidence intervals reported in the table represent £1.96 times the standard error of the mean MAE for each
model. These intervals are wide due to variability across participants in our dataset. However, the paired t-test depends instead on the
distribution of per-participant differences in performance between two models.
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Attention and Relative Time Encoding Visualization

Figure 5 shows the attention weights averaged over all instances, the attention weights
averaged over specific example days, and the relative time encodings. From these
visualizations, we can see that the model produces overall average attention weights that
match expectations based on the autocorrelation function shown in Figure 1. The time points
with consistently high attention relative to the target hour are A= %1 hr, £1 day, £k weeks.
Further, we can see that the average attention weights are not the same for all days of the
week. The model produces different average attention weights for different days. Lastly, we
can see clear difference between the relative time encoding structure and the overall average
attention weights thus clearly indicating that both the input features and the relative time
encoding influence the attention weights.

Ablation Study

We conduct an ablation study to test the impact of local context window sizes and different
architecture components used in our sparse self-attention model. Macro MAE of the held-
out test samples is used to measure performance. We first consider the effect of changing
both the number of weeks represented in the context window and the number of hours.

The results are shown in Figure 6. We see that as the number of weeks and the number of
hours is increased, the prediction error decreases. These results support the importance of
using wider context windows spanning multiple weeks. The model used in the main results
corresponds to hours=4 and weeks=5.

We next consider the impact of the relative time encoding and local activity profile
representation (LAPR). Removing the relative time encoding increases the overall test error
from 261.68 + 10.62 to 262.91 + 10.75. While the error increases, the increase is not
statistically significant. When removing the LAPR from the model’s input features, the

error increases to 278.75 + 11.93. This increase in error is significant, indicating that the
LAPR provides a valuable performance boost to the model relative to using the base features
associated with each hourly block.

7. Conclusions

In this work, we consider the problem of imputing missing step count data collected by
wearable devices. To enable this research, we curated a novel dataset consisting of 100
training participants and 500 test participants with more than 5.5 million total hourly step
count observations extracted from the A/ of Us dataset. We proposed a customized model
for this task based on a novel multi-timescale sparse self attention structure to mitigate the
quadratic complexity of the standard dense self-attention mechanism.

Our experiments show that the proposed model outperform the considered baseline
approaches and prior state-of-the-art CNN-based models on fully held out test data. Further,
we present ablation studies showing the importance of both the activity profile input
representation that we propose and the multi-timescale attention computation. We note that
although our model and feature representations were specifically designed for step-count
data in this paper, the same structures could also be helpful for modeling other behavioral
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and physiological processes (e.g. heart rates) with similar quasi-periodic and multi-timescale
structures across day, weeks and months.

In terms of limitations, we first note that computational considerations limited the total

data volume that could be used for model training in this work. While we opted to use a
training data set containing fewer participants with higher observed data rates, designs using
randomly selected training participants with similar total training data volume would also be
feasible.

While there may be concern that the training set is not representative of the data set over

all, the test set is indeed a fully held out and representative stratified random sample and the
proposed model achieves superior overall performance on this test set. Next, we note that the
missing data mechanism used when evaluating models is effectively a missing completely

at random (MCAR) mechanism. However, the per-step count results presented in Figure 4
provide information about the distribution of predictive performance conditioned on true
step counts.

In terms of future work, we plan to extend the proposed model to a multi-layer architecture
to mitigate the fact that the input feature representation relies on simple imputation currently.
Applying the model in multiple layers may further improve performance by providing more
accurate local activity profile representations. In addition, we plan to extend the model to
produce probabilistic predictions to support multiple imputation workflows and to extend
the model architecture to several related tasks including step count and sedentary interval
forecasting. Finally, we plan to evaluate the impact of the imputations produced by the
model when applied as part of a data analysis procedure that aims to quantify the association
between physical activity as measured by step count data and a related health condition or
intervention outcome.
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Appendix A.: Data Curation and Preprocessing Pipeline

Figure 7 and Figure 8 demonstrates how we curate the training cohort and preprocess the
data.

L https://www.researchallofus.org/
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All of Us Fitbit dataset
# of participants = 11,520

|

. Extract one qualified time series from each participant
« Qualified time series:
o At least 180 days long
o At most 3 consecutive missing days (each missing day has wearing time
less than 240 minutes from 6:00am to 10:00pm)
o Less than 20% missingness within 6:00am to 10:00pm

# of participants = 7,316

!

Select participants with most wearing time
# of participants =100

Figure 7:

Flow chart for cohort curation
Appendix B.: Comparison between Training Cohort and All All of Us
Participants

Figure 9 and 10 compare the statistics of the training cohort of 100 participants with the
entire A/l of Us Fitbit dataset of 11,520 participants.

Appendix C.: Model Configurations, Hyper-Parameters and Training
Procedures

In this section, we introduce the details about all the models used in our experiments,
including configurations, hyper-parameters and training procedures.

C.1. Multi-Timescale Sparse Self-Attention Model

We fix the length of local activity profile representations (LAPR) as2W+1=2 x 72
+ 1 = 145. The configuration of the LAPR encoder network is: Conv. out_channels=1,
kernel_size=49, stride=1, padding=24, with no bias; AveragePool kernel_size=7 and
stride=6.

The model is trained using Adam optimizer with the batch size of 20,000 for 30 epochs.
The learning rate is searched within {0.1, 0.01, 0.001}. We conduct early stopping based on
validation Micro MAE for each split. Validation Micro MAE averaged over 10 splits is used
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to choose the best hyper-parameters. We train the model using two NVIDIA Tesla T4 GPUs
with 32 CPUs and 208 GB RAM within A/l of Us workspace. The model is implemented
using PyTorch 1.13.1.

Data Preprocessing

v

Resample minute-level data into hourly-level

» Minutes of wearing time are summed up within each hourly block
« Minute-level step counts are summed up within each hourly block
« Minute-level heart rates are averaged within each hourly block

v

Extract time features from time stamps

« Day of the week (e.g. Wednesday)
« Hour of the day (e.g. 9:00am - 10:00am)
- Day index

v

Z-normalize step rates and heart rates

« Convert step counts to step rates
« Compute personalized mean and std using data under 99.9% percentile
- Apply Instance z-normalization to step rates and heart rates

v

Handle missing values

« Missing hours: hourly blocks with zero minute of wearing time
« Fill missing step rates and heart rates using zeros as placeholders
« Assign the response indicator for each hourly block

v

Align days of the week

« Select a referenced participant

« Compute average step count for each day of the week

- Align days of the week of other participants based on average step count
difference

End

Figure 8:
Data preprocessing pipeline

C.2. Filling Methods

All the filling methods impute missingness on the level of unnormalized step rates (i.e.
before instance z-normalization). Micro mean, mean and median based methods compute
statistics of all levels (e.g. participant level) using the data from 6:00am to 10:00pm, while
Forward and Backward Fill based methods are allowed to use the data out of this period.
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Figure 9:
Blue: Statistics of the entire A/ of Us Fitbit dataset with 11,520 participants. Orange:

Statistics of the curated training cohort with 100 participants. First column: Distribution

of the total number of hourly blocks from each participant. Second column: The total
number of valid hourly blocks (i.e. hourly blocks with non-zero wearing minutes) from each
participant. Third column: Missing rate (i.e. the number of invalid hourly blocks divided
by the total number of hourly blocks), including all hours of the day in each participant, not
only from 6:00am to 10:00pm.

C.3. Regression Imputation

We set the regression function to be linear. Input features of the linear regression model
include (1) normalized step rates and heart rates from all the blocks in the context window,
except for the center one (2) day of the week and hour of the day one-hot vectors of the
center hourly block. LAPR is not applied as it was found to decrease performance. Missing
step rates and heart rates is filled by zeros, which exhibits superior performance compared
to DW+HD median filling. The model has the same context window size, training protocol
and loss function as our proposed model. We set the batch size as 50,000 and search for the
learning rate within {0.1, 0.01, 0.001, 0.0001}. Adam optimizer is used train the model for
20 epochs with the learning rate of 0.001.

C.4. k-Nearest Neighbors (kNN) Imputation

We search for nearest neighbors within all the observed data of the same participant where
the missing block comes from. The neighbors are not limited to 6:00am to 10:00pm period.
Input features are LAPR with the same length (i.e.,145) used in the proposed model.

Two variations are tested: (1) uniform weighting (ANN-Uniform) and (2) RBF-kernel-based
method (ANN-Softmax), where the similarity between the missing hourly block and its
neighbors depends on square distances in the feature space. We search for the number of
nearest neighbors in {1, 7, 14, 21, 28, 35} for both and the RBF parameter within {0.1, 0.01,
0.001, 0.0001, 0.00001} for ANN-Softmax.
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C.5. Multiple Iterative Imputation Method (Iterative Imputation)

Our model is similar to Multiple Imputation with Chained Equations (MICE) method, which
uses chained equations and linear regression models to impute every variable conditioned
on the others. However, during the training phase, the algorithm performs a deterministic
imputation instead of probabilistic sampling. The input features are the same as used for
regression imputation. Since day of the week and hour of the day are always observed,

they only serves as the input features while imputing other variables, and themselves are
never imputed. Figure 11 provides an example of our specified imputation order regarding
positions in the contex window. Each linear regression model in the chained equation is
trained using mini-batch SGD with the batch size of 10,000 for 2 epochs. The number of
imputation iterations is set as 2. During inference, we perform multiple imputations for each
position by sampling from a Gaussian distribution. Please refer to the codes for the details.
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Figure 10:
Blue: Statistics of the entire A// of Us Fitbit dataset with 11,520 participants. Orange:

Statistics of the training cohort with 100 participants. First column: Distribution of average
heart rates over all the participants. Second column: Distribution of average hourly step
rates over all the participants. Third column: Distribution of hourly step rates of each hour
of the day. Fourth column: Missing rate of each hour of the day. The average heart rates
and average step rates are computed over all the observed hourly blocks for each participant.

C.6. Convolutional Denoise Autoencoder (CNN-DAE)

We use the symmetric encoder-decoder architecture to implement CNN-DAE. The encoder
consists of three 1D convolutional layers, each followed by BatchNorm and ReLU
activation. Correspondingly, the decoder includes three 1D transposed convolutional layers,
with the first two layers being followed by Batch Normalization and ReL U activation.

The configurations of convolutional and transposed convolutional layers are in Table 2.

For the input features, we include both z-normalized step rates and heart rates within the
same context window used in the proposed methods. Since the CNN model structure is not
suitable for use with the multi-scale context window, we apply it at the hourly level to the
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contiguous time span. Furthermore, LAPR is not employed in CNN-DAE due to its inability
to yield better performance. We fill the missingness with zeros. Adam optimizer with batch
size as 50,000 is used to train the model of each split for 20 epochs. The learning rate is
searched within {0.1, 0.01, 0.001}.

—
VAl A 0|6 12|11
2|18 |14]9
viv| @4 4 110|137
-
Figure 11:

The order of prediction positions within the context window using iterative imputations.
The order is alternating between the start (i.e. upper left) and the end (i.e. lower right). The
direction from the start is from top to bottom and from left to right, while the direction from
the end is from bottom to top and from right to left. The plot on the right gives an example.
The number means the order of computation and the same color means the same relative
position from the start and from the end.

Table 2:

Configurations of Convolutional and Transpose Convolutional Layers in CNN-DAE

Layer Input Channel  Output Channel Kernel Size Stride Padding
Convl 2 4 31 2 11
Conv2 4 8 20 2 9

Conv3 8 16 10 2 4
TransConvl 16 8 10 2 4
TransConv2 8 4 20 2 9
TransConv3 4 2 31 2 11

C.7. BRITS

We adhere to the settings in the original paper, using LSTM as the RNN architecture.

Input features are the same as the proposed model.However, we found LAPR cannot help

to improve the performance, thus we did not use it here. The context window is chrono-
logically flattened, enabling the RNN model to process information sequentially. We impute
both heart rates and step rates at each time step. Notebly, we found that the auxiliary heart
rate imputation task indeed helps the step rate imputation task for BRITS, so we keep

both of them during training. The best hyper-parameters are selected based on the optimal
validation Micro MAE of step counts of the center hourly blocks. Training the BRITS model
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spans 30 epochs with the batch size of 10,000 and the learning rate of 0.01. The LSTM
hidden dimension is searched within {4, 8, 16, 32}.

C.8. MRNN

MRNN consists of the interpolation block and the imputation block. In the interpolation
block, we apply two bidirectional-GRU models to interpolate the missing values, one for
step rates and the other for heart rates. Day of the week (DW) and hour of the day (HD),
which are always observed, are not input into the interpolation block since it operates within
each data stream with missing values. On the contrary, they are input to the imputation
block. The context window is consistent with that used in the proposed model. As suggested
by the original paper, missing values outside of the center hourly block are filled with

zeros. We found DW+HD median filling does not demonstrate the performance as good as
zero-filling. Like BRITS, the context window is flattened in chronological order for RNN to
process. We also found LAPR can improve the MRNN performance as with our proposed
model, thus these features are used when reporting the results. To keep consistent with other
models, we employ Mean Absolute Error (MAE) instead of Mean Squared Error (MSE) for
model training, different from the original paper. We train MRNN for 40 epochs, utilizing
the batch size of 20,000 and the learning rate of 0.01. The GRU hidden dimension in the
interpolation block is searched within {4, 8, 16, 32}.

C.9. USGAN

We employ the BRITS model as the generator and the bidirectional GRU model as the
discriminator. The generator configurations align with those out-lined in Section C.7. As our
data does not have explicit labels for each time series, we omit the classifier component
mentioned in the original paper. In contrast to the original implementation, which updates
the discriminator five times after each generator update, updating the discriminator only
once results in more stable training and improved performance in our case. We train the
USGAN model for 30 epochs with the batch size of 10,000 and the learning rate of 0.01.
The RNN hidden dimensions for both the generator and discriminator are explored within
{4, 8, 16, 32, 64}. Additionally, we search for the weight of the discriminator loss during
training, which balances it with the BRITS loss, within {0.1, 0.3, 0.5, 0.7, 0.9, 1.0}.

C.10. SAITS

We use the learning rate of 0.01 and the batch size of 10,000 when training the model. We
fix the number of transformer layers as 2 and search for the hidden representation dimension
Omoder@nd the output dimension of each layer d, within {4, 8, 16, 32}. We leveraged the
same multi-scale context window?# as in our proposed model as well as the same feature set,
including the LAPR.

4-\We note that vanilla SAITS model uses the dense self-attention, which is not feasible in our case due to the long time series data.
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Figure 1:
Autocorrelation function (ACF) over all the participants of Af=1, ..., 504 hrs (within three

weeks). Blue line: median ACF, Red line: At= 168 x NVhrs (i.e. N'weeks).
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Hour of the Day
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Figure 2:

Multi-timescale context window. The missing hourly block is at the center and indicated as
red. Numbers are day differences between each day and the center day (i.e. difference is 0)
which contains the missing hourly block. Letters indicate the day of the week for each day.

The center day is Monday in this example.
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Histogram of Step Counts of All Training Participants
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Figure 3:
Histogram of observed hourly step counts between 6:00am and 10:00pm for the 100 training

participants.
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Figure 4:
Imputation results and model comparison on hourly blocks with various ground truth step

counts. The first plot shows the proposed model’s performance (evaluated by Micro MAE)
by true step count bins. The first bin is for zero steps, while the rest have the bin width

of 500 steps (i.e., [1, 500), [501, 1000), etc). The second to fourth plot show error ratios
relative to the proposed model for several other models. Error ratios above 1 indicate that
other models perform worse than the proposed model on the particular bin.
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Figure 5:

Attention and relative time encoding visualization. We include attention weights regarding
two days of the week as examples, and also show the attention difference between them (the
fourth image). The attention scores are averaged over all completely held-out test samples,
and relative time encoding is averaged over models from 10 training splits.
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Macro MAE vs. # of Hours Macro MAE vs. # of Weeks
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Figure 6:

Ablation results on the local context window size including varying the number of hours
(left) and number of week (right).
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