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A Multi-Substrate Single-File Model for Ion-Coupled Transporters
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ABSTRACT Ion-coupled transporters are simulated by a model that differs from contemporary alternating-access schemes.
Beginning with concepts derived from multi-ion pores, the model assumes that substrates (both inorganic ions and small
organic molecules) hop a) between the solutions and binding sites and b) between binding sites within a single-file pore. No
two substrates can simultaneously occupy the same site. Rate constants for hopping can be increased both a) when
substrates in two sites attract each other into a vacant site between them and b) when substrates in adjacent sites repel each
other. Hopping rate constants for charged substrates are also modified by the membrane field. For a three-site model,
simulated annealing yields parameters to fit steady-state measurements of flux coupling, transport-associated currents, and
charge movements for the GABA transporter GAT1. The model then accounts for some GAT1 kinetic data as well. The model
also yields parameters that describe the available data for the rat 5-HT transporter and for the rabbit Na+-glucose transporter.
The simulations show that coupled fluxes and other aspects of ion transport can be explained by a model that includes local
substrate-substrate interactions but no explicit global conformational changes.

INTRODUCTION

Several classes of membrane transport proteins use electro-
chemical gradients for ions (usually Na+ or H+) to accu-
mulate organic molecules (neurotransmitters, sugars, amino
acids, osmolytes) in plant and animal cells (Schultz, 1986;
Harvey and Slayman, 1994). The tight flux coupling be-
tween these inorganic and organic substrates constitutes a
hallmark of ion-coupled transporters and contrasts with
properties of ion channels, another major class of membrane
transport proteins (Hille, 1992). To explain the mechanism
of flux coupling, two major classes of model have been
proposed (Hill, 1977; Schultz, 1980; Stein, 1986; Kanner
and Schuldiner, 1987; Rudnick and Clark, 1993). Early
models envisioned a recirculating carrier whose motions
were largely governed by the binding and dissociation of the
substrates. More recently, sequence analysis of cloned
transporters suggests 6-12 putative transmembrane do-
mains, rendering a recirculating carrier less plausible.
Most contemporary mechanistic concepts of ion-coupled

transport employ the alternating-access scheme first enun-
ciated by Jardetzky (1966) and developed in many papers
by Lauger (see Lauger, 1979, 1991; Wright, 1993; Lester et
al., 1994). In this scheme, ion-coupled transporters are
viewed as pores or channels that have two gates. Whereas
the pore has sites that bind, or perhaps merely accept, all of
the permeant substrates, the gates have most of the (poorly
understood) properties that ensure coupled transport. When
all of the substrates are bound appropriately, the gates
undergo conformational changes; and these conformational
changes account for the differences in compartmentalization
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of the substrates during the transport cycle. Some alternat-
ing-access schemes incorporate ordered binding and disso-
ciation of substrates (see, for instance, Rudnick and Clark,
1993). Now that cloned transporters can be expressed at
high densities and studied with good temporal resolution in
heterologous expression systems, additional measurements
are available on pre-steady-state kinetics and charge move-
ments associated with one or a few steps in the transport
cycle (Parent et al., 1992a,b; Mager et al., 1993, 1994;
Cammack et al., 1994; Wadiche et al., 1995a). Several
studies build on these time-resolved data in the context of
the alternating-access model (Parent et al., 1992b; Mager et
al., 1993; Wadiche et al., 1995a).

However, the newer measurements have also revealed
several additional classes of complexities that cannot be
explained by straightforward alternating-access models: 1)
There are leakage currents-Na+ fluxes in the absence of
organic substrate (Schwartz and Tachibana, 1990; Umbach
et al., 1990; Cammack et al., 1994). 2) There are major
departures from accepted stoichiometry, so that transport-
associated currents are several times larger than the flux of
organic substrate (Mager et al., 1994; Wadiche et al., 1995b;
Galli et al., 1995; Picaud et al., 1995; Risso et al., 1995). 3)
There are actual or inferred quantized current events that
exceed by several orders of magnitude the single-charge
events expected from the model (Mager et al., 1994; Wadi-
che et al., 1995b; DeFelice et al., 1995; Cammack and
Schwartz, 1995).

Although more complex alternating-access models can be
developed to account for some of these new phenomena, the
time seemed ripe for an alternative class of models. Our
formulation is termed the multi-substrate single-file transport
model. We borrow heavily from ion channel models that
incorporate a pore with several simultaneously bound ions
(Hille, 1992). In particular, we do not explicitly allow confor-
mational changes that change the compartmentalization of the
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substrates. The gates of the alternating-access model have been
de-emphasized. Instead, functional compartmentalization
arises because the pore (or lumen or channel) of the transporter
mediates multiple substrate bindings and substrate-substrate
interactions that favor, albeit only statistically, permeation in
fixed ratios of inorganic ions to organic substrate.

In this first paper on the topic, we test the hypothesis of
"multi-substrate single-file transport" in a quantitative, physi-
cally realistic fashion. We consider that the following three
steady-state properties are most appropriate for detailed simu-
lation: the ratio between the fluxes of organic and inorganic
substrate, the electrical currents associated with the full trans-
port cycle, and charge movements associated with partial steps
of transport. We therefore simulate these properties of three
ion-coupled transporters for which high-resolution functional
studies have been reported: the GABA transporter GAT1
(Guastella et al., 1990; Mager et al., 1993), the serotonin
transporter 5-HTT (Mager et al., 1994), and the Na+-glucose
transporter SGLT1 (Parent et al., 1992a,b). In each case, the
multi-substrate single-file transport model has been found to
reproduce available experimental data within experimental er-
ror (although charge movements have not been measured for
5-HTr). The model also accounts for newer phenomena such
as leakage currents of all these transporters and variable stoi-
chiometry of 5-HT transport, among other permeation properties.
Our approach has certainly been foreshadowed by many

previous suggestions that transporters have channel-like mech-
anisms, for instance, in mediated ionic transport (Frohlich,
1988; Krupka, 1989; Dani and Levitt, 1990; Hasegawa et al.,
1992), in electrogenic membrane systems (Andersen et al.,
1985; Lagnado et al., 1988; Nakamoto et al., 1989; Hilgemann
et al., 1991; Lauger, 1991; Wang et al., 1992; Gadsby et al.,
1993; Rakowski, 1993), in neurotransmitter transporters
(Krupka and Deves, 1988; Schwartz and Tachibana, 1990),
and in facilitative sugar transporters (Barnett et al., 1975; Lowe
and Walmsley, 1986; Kimmich and Randles, 1988; Walmsley,
1988; Baldwin, 1993; Hernandez and Fischbarg, 1994). De-
tailed theories have been based on electrodiffusion (Chen and
Eisenberg, 1993; Eisenberg, 1994) and have treated channels
that can simultaneously contain two ionic species at once
(Franciolini and Nonner, 1994). Although molecular cloning
has given us knowledge about the amino acid sequence of
many ion-coupled transporters (Harvey and Nelson, 1994),
there is still little relevant structural information at the atomic
scale, or even at the level of tertiary structure or membrane
topology or tertiary structure. Therefore the model is cast in
purely formal terms at present.

THEORY AND METHODOLOGY
Structure of the model

The multi-substrate single-file transport model treats a trans-
porter as a single file of binding sites, with ends open to the
external and internal solutions (Fig. 1 A). The solutions are
infinite sources and sinks: substrate concentrations within the
solutions are not changed by the events of the simulation.

Substrates are loaded from the solutions into the ion-coupled
transporter lumen at rates governed partially by mass action.
Once a substrate is within the ion-coupled transporter, it is
allowed to move between sites and to the solutions. The
kinetics of the ion-coupled transporter are reconstructed by
combining all possible transitions.
Each of the N sites can be either empty or occupied by

one of the m substrates. A total of N'+l arrangements are
possible. A state of the transporter is defined to be one such
arrangement.
A hopping event is an allowed hop taken by a single sub-

strate. Fig. 1 B shows the set of allowed hops. An allowed hop
brings one substrate to an adjacent, empty site. Special rules
apply to sites 1 and N (the external and internal solutions are
considered to be adjacent to sites 1 and N, respectively). A
substrate from the solution can hop onto site 1 orN only when
the site is empty; however, a substrate on site 1 orN can always
hop into the solution.

Hopping frequencies are rate constants that describe the
probability of individual hopping events. Hopping frequen-
cies kab are described as the productfgvgar. The first term
f is called the "intrinsic hopping frequency" of a substrate;
it is defined from mass action if the hop is from the solution
and by a unimolecular event if the hop is from a binding site
to another site within the membrane or to the solution. For

A. ExternalSolution Transporter

Substrate Site 1 Site2 Site 3

B.

C.

Internal
Solution

Forbidden Hop
Allowed hop I V Allowed Hop

kl [1] exp[-d,qV / 2kT]A12

h1 exp[(d2 - d )qV / 2kT]R12 h,1R12

* Substrate 1, Charge z = I
* Substrate 2, Charge z = 0

FIGURE 1 Multi-substrate single-file transport model. (A) Structure of
the transporter, including three binding sites. The state, with a single bound
substrate, corresponds to state 2 in Fig. 2. (B) Allowed hopping events. (C)
Rules for obtaining the hopping frequencies, including the effects of
voltage and of attraction/repulsion.
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the present version of the model, the intrinsic hopping
frequency varies with the substrate but is constant across all
sites within the pore.
The second term, a dimensionless factor gv, describes the

effect of membrane potential on the intrinsic hopping fre-
quency. The simple equations given below for the effect of
potential are consistent with a model in which a) the membrane
potential produces a linear field, b) there is a rate-limiting
energetic barrier midway between each pair of sites, and c) the
energy of the barrier with respect to each site is modified by the
interaction between the charge on the substrate and the field.
The third term, a dimensionless factor ga,, describes the

effect of interactions with other substrates that occupy ad-
jacent sites or, if an adjacent site is empty, the next site. gar
is the product of an attraction term A and a repulsion term
R. Examples are shown in Fig. 1 C. These attraction and
repulsion terms also allow for the possibility that the field
changes with the ionic contents of the channel.

For hops by a substrate i with charge zq in the presence
of another substrate j (we include the possibility that j = 0
denotes an empty site)

f = kj[i] If it hops from the external solution to site 1,
or from the internal solution to site N

= hi If it hops from a site within the transporter
9v = expL-(ds+l - ds)zqiV/2kT]

If it hops from site s to s + 1
= exp[(ds+l - ds)zqiV/2kfl

If it hops from site s + 1 to s
gar = AjjRii;
Aii Describes a hop that brings substrate i adjacent to

substrate j
Rii Describes a hop that separates substrate i from

substrate j,

where

event are linked. The corresponding hopping frequencies
ka,b are derived as described above. If configurations a
and b cannot be linked by a single hopping event, then
ka..*b = 0. The final diagram is called a hopping diagram
(Fig. 2), whose mathematical representation is a matrix H
constructed as

Hab = kb, (1)

b=N"+l

Haa = - > kab
b=l,b*a

(2)

Given the hopping matrix H, the time dependence of the
ion-coupled transporter configuration distribution is

di
= Hidt (3)

or equivalently,

,A- b=AbN'n+
_E Ha,Xb

b=l

b=-1Vl

I HabXb
b= I,bOa

b=Nmn+X

+ Ha.ax = I kb >aXb
b-= ,b#a

(4)
b=Nm+l

- EkaX
b= l,b*a

where x = (xI, x2, .. . XNm+l), (0 c Xa ' 1) represents the
distribution of ion-coupled transporter configurations. For
example, xl = 0.25 denotes that 25% of the transporters are
in configuration 1.
At steady state, Eq. 4 reduces to

dXa
dt = 0, (5)

[i] = concentration of substrate i in the solution
ki = forward binding constant of substrate i in

M-1 s-1
hi = intrinsic hopping frequency of substrate i in s-
ds = fraction of electrical field sensed by a substrate

with charge zq (s = 0 to N + 1, do = 0, dN+I
= 1, do < ds ' dN+l)

V = membrane potential in mV
z = valence of a charged substrate

kTlqi = ±25 mV, where
k = Boltzmann constant
T = Absolute temperature
qi = Elementary charge on substrate i

Aij = attractive coupling between two substrates
separated by an empty site

Rij = repulsive coupling between two substrates in
adjacent sites

Ai. = Aji, and Rij = Rj,i, for i, j > 0; that is, the
substrate-substrate couplings are symmetric

For each transporter configuration a, all transporter
configurations b accessible from a by a single hopping

resulting in N'+I linearly dependent homogeneous equa-
tions, of which N`+l - 1 are linearly independent. The
solution to Eq. 5 is a null space of dimension 1, which can
be solved numerically by the Gauss-Jordan elimination
method (Press et al., 1992). This solution yields predictions
for several functional measurements, described in detail
below.

A three-site two-substrate special case

For most of the simulations in this paper, we assume the
following special case:

1. The transporter has N = 3 binding sites.
2. There are only m = 2 substrates, Na+ (substrate 1) and

the organic substrate (substrate 2). In particular, we disre-
gard permeation by Cl-. Our justification for this choice is
a) that the role of Cl- is rather less clear than that of the
other substrates for most transporters (Mager et al., 1993;
Lester et al., 1994) and b) that introducing another ion
would complicate the simulations without adding much
insight at this early stage.
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FIGURE 2 Hopping diagram for GATI, 5-HT trans-
porter, and SGLT1. This special case is used in most of
our simulations. The ion-coupled transporter is modeled
with three sites and two substrates, which generate a
total of 32+1 = 27 transporter configurations. All tran-
sitions are reversible, except for those from the site 3
(rightmost) to the intemal solution (an infinite sink).

3. The organic substrate has q2 = 0 charge. This
assumption holds for GABA and for the sugars but not
for 5-HT+ and is modified in some of the simulations
described later.

4. The internal solution has zero concentration of all sub-
strates. This assumption chiefly reflects the facts a) that oocyte
experiments performed in our laboratory do not control intra-
cellular concentrations and b) that these concentrations are
thought to be small in most modern experiments. However, the
assumption is modified in some simulations described below
(for instance, data presented in Fig. 6).
The matrix elements corresponding to this special case

are listed in Table 1 and the corresponding hopping diagram
is shown in Fig. 2.

Steady-state predictions of the special case

Under these special conditions, Eq. 4 becomes

27 27 27

da = JHbXb = E HIbx + Ha.xa = E k
b=-i b=I,bOa b= l,b#a

(4a)

27

- >kabXai
b= l,b#a

where i = (x1, x2, . . . x27), (O ' X. ' 1) represents the
distribution of ion-coupled transporter configurations. Eq. 5
then becomes 27 linearly dependent homogeneous equa-
tions, of which 26 are linearly independent. The model
makes predictions about three types of steady-state data.

Charge distribution

The simulated steady-state charge occupancy, Qo(V), is
defined as follows:

27 27 3

Q00(V) = T>XaQa= TExaEdiqi
a=l a=l i=l

(6)

where T is the total number of transporters in the membrane
and Qa is the equivalent charge of the ath configuration. For
instance, Q26 = (di + d2 + d3)q and Q27 = 0. We also
define the maximum charge movement, from hyperpolariz-
ing to depolarizing potentials, by Qma,c = Q(+oo) Q(-oo)

Transport-associated current

The steady-state transport-associated current, 1, results
from charged substrates moving fully across the membrane.
This current is simulated by summing the charge move-
ments that result from charged substrates hopping into the
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internal solution, e.g., k27 -5. For our special case in which
Na+ is the only charged substrate, the steady-state trans-
port-associated current is

L- Tq[(x4k4 1) + (x6k6,2) + (x7k7 )3) + (X14k,48)

+ (Xl6kl6-9) + (XI8kl8...11) + (xl9k19 .12) (7)

+ (X23k23..20) + (X27k27 5)].

Flux ratios

Steady-state flux coupling between substrates i and j is
summarized by the ratio between the fluxes of i and j
(fluxi/fluxj). The flux ratio between Na+ and the organic
substrate is

flux,
flux2

[(x4k4 p>) + (x6k6-2) + (x7k7,3) + (xl4kl4 8)
+ (Xl6kl6..9) + (xI8kl811) + (xl9k19,12)

+ (X23k23-2o) + (X27k27...5)]
=

[(xloklo-1) + (xI3k132) + (xl5kl5...3) + (xl7kl7-.5)
+ (X2lk2l,8) + (x22k22,9) + (X24k24...12)

+ (X25k25..I11) + (X26k26...20)]

(8)

Available experimental data

The predictions described above were compared with the
appropriate experimental data using algorithms described in
the next section. Our most complete experimental data are

available for GAT1. For instance, the experimental data on

steady-state charge distribution was measured from voltage
jumps in the absence of GABA (Mager et al., 1993). The
integration of the transient response gives the total number
of charges within the membrane. For purposes of these
calculations, we abstracted the data of Mager et al. (1993)
into the following functional form, which describes the
data:

Nq
Q

1 + e-(V- Vh)/28.1P (9)

A time interval of 0.2 ms was adequate for the simulations
because the steady-state x- obtained by integration and the
Gauss-Jordan elimination method deviated by less than
0.001%. The steady-state transport-associated currents IOO
were also taken from the data of Mager et al. (1993). The
flux ratios fluxI/flux2 for Na+/GABA were assumed to lie
between 1 and 2 (Kanner and Schuldiner, 1987).

Parameter searches

A set of randomly selected parameter values was used to
start a simulation (Fig. 3). Gauss-Jordan elimination
(Press et al., 1992) was used to solve Eq. 5 for the 27 xa
values. These values in turn yielded the three steady-state

B. |Tuned
Pysical\

FIGURE 3 Simulation scheme. (A) Fitting mode. Simulated annealing is
employed to optimize the parameter values by minimizing the error be-
tween the experimental and the simulated steady-state data. The resulting
values are then used to predict the pre-steady-state kinetics. (B) Predicting
mode. The resulting values from A are then used to predict transient
currents.

predictions above: charge distribution, steady-state cur-

rent, and flux ratio. Simulated annealing (Ingber, 1993)
was employed to optimize the parameter values by min-
imizing the error between the experimental and the sim-
ulated steady-state data. The simulated annealing algo-
rithm written in c was obtained by FTP from http://
www.alumni.caltech.edu/-ingber/. Convergence was

specified by an annealing temperature of 10-7 (Ingber,
1993). Fitting sessions required -8 h on a Silicon Graph-
ics Challenge workstation with 200-MHz R4400 proces-
sors.

Finally, we note that the exemplar physiological experi-
ments in the paper by Mager et al. (1993) were performed
on distinct oocytes, each expressing an unknown number of
transporters. To calculate the total number of transporters T
expressed in these exemplar oocytes from the Qmax data for
each oocyte, we would have to assume values for dl, d2, and
d3. Therefore the flux per transporter was not accessible
from the procedures presented thus far; and the hopping rate
constants were uncertain by a common multiplicative con-

stant. We could, however, make use of the experimentally
determined value, IJQmax = 5.3 s-, where IO is measured
at 96 mM Na+, 0.1 mM GABA, and -80 mV (Mager et al.,
1993). This additional constraint in the simulations allowed
us to determine the absolute values of the rate constants.
The calculations are presented for T = 1.18 x 1011 trans-
porters per cell (presumably a Xenopus oocyte expressing
GATI).

A.
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Calculation of transient currents

Simulated transient data for GAT1 were not used in the
parameter search algorithm; instead, they were used as
independent tests of our theories and parameters after the
simulated annealing yielded several sets of parameters with
nearly equal cost function values for the steady-state data.
Transients were simulated by numerical integration, using
Mathematica. The transient currents are given by the sum of
all hopping events involving the movement of charge into or
within the membrane weighted by the electrical distance
traveled. Voltage jump relaxations for GATI were simu-
lated using the experimental protocol; that is, for fixed
[Na+] and zero GABA, the membrane potential was
stepped between values as shown in Fig. 5. The voltage
jump transients for GATI are defined as

I(t)
Tq

[(xlkl2)- (x2k2.1)] + [(X3k3--..5) - (X5k53)] 1

f+ [(X4k46)- (x6k6.4)] + [(xk11) -(xIkII9)]
=d + [(x0kI0c113) - (x13k-310)] + [(XI15sk1s17) -(XI7-15)]

(+ (xl6kl6&18) - (x18k-8.16)] + [(x7k7..27) - (X27k277)]
+ [(X22k225) - (x25k222)] J

+ (d2- d){[(X2k2 3)-(X3k3 2)] + [(X6k67) - (X7k7)]
+(d2dl)l+ [(XIA3-15l) -(XI5kI5--3)1

(10)

dd(x3k34) - (x4k4-3)] + [(x5k5-6) -(X6k)]
+ (d3 -2) + [(x12k214) - (x4k1412)]
+ (1 - d3)

{[(x4k41) + (X6k62)] + [(X7k73) + (X14k,48)]
X + [(XIA169) + (xI8kA1811)] + [(X19k,12) + (X23k2320)]

+ [(Xrk227)]
where all x values are time dependent. Concentration-jump
relaxations were simulated by stepping one or two substrate
concentrations while holding other parameters fixed. For
simplicity, relaxation kinetics were characterized by fitting
to a single exponential component.

RESULTS

Figs. 4, 5, 6, 7, and 8 show the simulation results for the
ion-coupled transporters GATI, 5-HTT, and SGLT1. Opti-
mized parameter values are listed in Table 2.

Simulation of GAT1 function
We devoted most effort to simulating GATI function, be-
cause we have access to extensive data for this ion-coupled
transporter. GATI is a neurotransmitter transporter belong-
ing to the plasma membrane Na+/Cl- coupled subfamily
(Amara and Arriza, 1993). It drives the neurotransmitter
GABA up its concentration gradient by cotransporting Na+

down its electrochemical potential gradient (Keynan and
Kanner, 1988). Electrophysiological data, tracer flux mea-
surements, and thermodynamic measurements all suggest
that 2 Na+ ions are transported along with a single GABA
molecule (Lester et al., 1994); and we have therefore used a
special case of our model that includes three binding sites,
so that these three molecules may bind simultaneously. CF-
is another possible substrate for GATI, but its role is not
clear at the moment (Lester et al., 1994); therefore we felt it
inappropriate at present to complicate the simulations by
including Cl-.
The experimentally determined permeation properties of

GATI include steady-state currents as a function of Na+
and GABA, leakage currents (Na+ flux in the absence of
GABA), substrate flux ratio, charge distribution, and gating
currents induced by voltage jumps (Mager et al., 1993;
Cammack et al., 1994). We note that leakage currents were
not reported in our study of GAT1 function (Mager et al.,
1993) but were reported by Cammack et al. (1994). In
unpublished recent work, we have indeed found small in-
ward currents that are suppressed by GABA uptake inhib-
itors in the absence of GABA itself; although we lack
systematic data, these leakage currents are <5% of the
maximal GABA-induced currents.
The model accounts well for the data that we used to fit

the parameters, as summarized in Fig. 4. Five sets of pa-
rameters, each resulting from a simulated annealing run, had
nearly equal cost function values and provided similar sim-
ulations of these data; the simulations of Fig. 4 were calcu-
lated with the parameters that also provided good simula-
tions of transient currents (these parameters are given in
Table 2). GATI steady-state currents are shown as a func-
tion of [Na+] in Fig. 4 A; note that the simulation dose-
response relations show the observed sigmoidal dependence
on [Na+]. The simulations also show the expected hyper-
bolic dependence on [GABA] in Fig. 4 B. The simulations
showed leakage currents of -1 % of the saturation current in
the absence of external GABA (Fig. 4 C). A Na+/GABA
flux ratio between 1 and 2 was obtained (Fig. 4 D); the
simulated flux ratio depends on membrane potential, a point
that has not been tested experimentally for GATI. The
steady-state charge distribution exhibited a sigmoidal de-
pendence on membrane voltage, and the midpoint was
shifted to more negative voltages with decreasing [Na+];
these features agree quantitatively with the experimental
data (Fig. 4 E).

Transient currents

As a further qualitative test of the model, parameter sets
from the simulated annealing were tested for their ability to
simulate various transient currents. One parameter set sur-
vived this test; Fig. 5 displays some results. The simulated
voltage-jump relaxations in the absence ofGABA, shown in
Fig. 5 A, display the general features described by Mager et
al. (1993) and Cammack et al. (1994): for hyperpolarizing
jumps, the transients are negative and consist of a rapid
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FIGURE 4 Simulated versus experimental GATI steady-state properties. Smooth lines are the simulations, using the parameters in Table 2. (A)
Steady-state current as a function of [Na+]. Experimental data from Mager et al. (1993). [GABA] = 0.1 mM, membrane potentials as indicated. (B)
Steady-state current as a function of [GABA]. Experimental data from Mager et al. (1993). [Na+] = 96 mM; membrane potentials as in A. (C) Simulated
leakage current at zero [GABA] versus voltage. (D) Flux ratio of Na+ to GABA simulated at [Na+] = 96 mM, [GABA] = 0.3 j,M, for the voltage range

from -120 to 20 mV. (E) Steady-state charge distribution as a function of membrane potential in the absence of GABA. Experimental data from Mager
et al. (1993), represented by Eq. 9. The curves are parametric in [Na+] as indicated.
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FIGURE 5 Simulated GATI transient currents. (A) Transient current for voltage jumps in the absence of GABA, at [Na+] = 96 mM. The membrane
potential was held at -40 mV, stepped to -120 mV at time = 1 s, and stepped back to -40 mV at time = 2 s. (B) Transient current during [Na+] jumps
in the absence of GABA, with membrane voltage clamped at -120 mV. [Na+] was held at 10 mM, stepped to 96 mM at time = 1 s, and stepped back
to 10 mM at time = 2 s. (C) Transient current during [GABA] jumps, with [Na+] = 10 mM and membrane voltage clamped at -10 mV. [GABA] was
held at 0 mM, stepped to 0.3 mM at time = 1 s, and stepped back to 0 mM at time = 1.1 s. (D) Transient current during simultaneous [Na+] and [GABA]
jumps, with voltage clamped at -120 mV. [Na+] was held at 0 mM, stepped to 50 mM at time = 1 s, and stepped back to 0 mM at time = 2 s. [GABA]
was held at 0 mM, stepped to 0.3 mM at time = 1 s, and stepped back to 0 mM at time = 2 s.

rising phase followed by a decay over several hundred
milliseconds. For depolarizing jumps, the direction of the
transient is reversed. The integral of these relaxations is
represented by the steady-state charge distributions (Fig. 4
E); and we have verified that these simulated charge move-

ments are equal and opposite for the jumps in both direc-
tions between a pair of potentials (Mager et al., 1993). The
simulated relaxation time constant lies in the range of 70-
150 ms and displays a maximum at negative membrane
potentials (not shown), in agreement with experimental data
(Mager et al., 1993; Cammack et al., 1994; S. Mager,
preliminary unpublished results).

Simulated [Na+] and [GABA] jump-induced transients
are shown in Fig. 5, B and C, respectively; and Fig. 5 D
shows simulated simultaneous jumps of both substrate con-

centrations. There are no published data available for com-

parison with Fig. 5 B. The waveforms in Fig. 5, C and D,
however, reproduce the general features observed by Cam-
mack et al. (1994). Thus, the simulated jump from 0 to 0.3
mM GABA produces a transient peak on the millisecond
time scale, followed by a sustained transport-associated
current (Fig. 5 C) and compares well with figure 9 of
Cammack et al. (1994). Furthermore, the simulated jump to
50 mM Na+ and 0.3 mM GABA produces a rapid rise
followed by a slower rise on the time scale of several
hundred milliseconds, in agreement with figure 9 of Cam-
mack et al. (1994). The simulated relaxations are more rapid
than the published records for the jump back to 0 [GABA]
and 0 [Na+], and there is a small simulated outward charge
movement in Fig. 5 D; but these discrepancies could arise if
the experimental solution changes are slightly slower than
expected.
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FIGURE 6 GATI transport up a concentration gradient. Simulation of
Na+-coupled GABA transport against a GABA concentration gradient.
The external and internal [Na+] were set to 96 and 5 mM, respectively. The
external [GABA] was set to 0.03 mM, and the internal [GABA] was varied.
GABA fluxes were simulated for membrane potentials of 0 mV, -45 mV,
and -90 mV. Thus the electrochemical gradient for Na+ alone favors Na+
influx. Net GABA influx still occurs despite the fact that the [GABA]
gradient alone favors GABA efflux.

Transport against a [GABA] gradient

In all of the simulations above, the internal concentrations
of substrates are assumed to be zero. We relaxed this
assumption to demonstrate the most important functional
role of ion-coupled cotransporters: they drive the organic
substrate up its concentration gradient by using the electro-
chemical potential gradient of an ionic substrate. For sim-
plicity-and in the absence of real data on this point-we
assumed that the forward binding constants ki are the same

for the internal and external sides of the membrane. The
external and internal [Na+], and membrane potential are

adjusted to drive the Na+ flow inward. The internal
[GABA] was set higher than the external [GABA]; there-
fore net GABA efflux would occur if GABA cannot couple
to the electrochemical potential gradient of Na+. However,
the simulation results in a net GABA influx (Fig. 6), sug-

gesting that the multi-substrate single-file transport model
does support transport up the chemical gradient of the
organic substrate.

The attraction and repulsion terms

In the multi-substrate single-file transport model, the phys-
ical meanings of ki, hi, and ds are transparent and represent
common concepts in membrane transport. We comment
here on the physical meaning of the attraction and repulsion
parameters, Aij and Rij, respectively. Consider, for example,
A12 and R12, and focus on the transitions between trans-

porter configurations 14 and 16.

k14-16 = A12h2 (11)

K2 =- = K. exp( - AG12!kT) (13)
k1614 R12

where K. is a constant standard state factor involving the
translational partition function of the ion (McQuarrie,
1976), k is the Boltzmann constant, T is the absolute tem-
perature, and AG12 is the relative free energy between any

pair of states, such as 14 and 16, in which these two
substrates move adjacent to each other. If there are no

couplings between substrates 1 and 2, then we expect no

difference in the relative free energy, which will lead to a

ratio of A 2/R12 = 1. However, if A12/R12 is not equal to 1,
the two substrates are said to be coupled. For instance, if the
optimized values of A12 and R12 are such that A12/R12 > 1,
moving the two substrates together is favored. By more

classical arguments, the ratio of ki [i]lhi controls the ener-

getics of moving substrate i into the ion-coupled transporter.
Generalizing this argument to attractive and repulsive cou-

plings between substrates, we obtain the following rules for
GATI:

1. Moving Na+ into the transporter is favored at high
[Na+].

2. Moving GABA into the transporter is favored at high
[GABA].

3. Moving Na+ and GABA adjacent to each other is
favored.

4. Moving Na+ and Na+ adjacent to each other is fa-
vored. This is the most surprising result of our analysis.

5. Moving GABA and GABA adjacent to each other is
not favored.

According to these microscopic rules, at high [Na+] and
[GABA], we expect transporter configurations with more

than two GABA molecules to be underpopulated. This is
indeed the case. Under such conditions, the simulated pop-

ulation of transporter configurations 20, 21, 22, 23, 25, and
26 is negligible (Fig. 2). This may be due to the favored
adjacencies between Na+ and GABA (Rule 3).

Simulation of 5-HT transporter function

5-HTT is another ion-coupled netrotransmitter transporter
belonging to the plasma membrane Na+/Cl--coupled fam-
ily. It is known to accumulate 5-HT+ in the presence of
Na+, CF-, and K+. Na+ and K+ are cotransported and
countertransported with 5-HT+, respectively. The argument
that CF- is cotransported with 5-HT+ is somewhat less
direct, as it has been difficult to demonstrate 5-HT+ accu-

mulation with only the CF- gradient as a driving force. The
K+ is coupled to the 5-HT+ accumulation but is not re-

quired, for the transport still occurs in the absence of K+
(Rudnick and Clark, 1993). Therefore, only Na+ and 5-HT+
are included in our model. Our 5-HT transporter model, like
our GAT1 model, has three binding sites.
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FIGURE 7 Simulated versus experimental 5-HTT steady-state properties. (A) Steady-state current as a function of [5-HT+]. Experimental data were taken
at [Na+] = 96 mM, with the membrane potential varying from -120 to -20 mV (Mager et al., 1994). (B) Steady-state current as a function of [Na+].
Data were taken at [5-HT+] = 3 ,uM, with membrane potential set to -60 mV (Mager et al., 1994). (C) Simulated leakage current at zero 5-HT, under
the same experimental conditions as in A. (D) Flux ratio of Na+ to 5-HT+ simulated at [Na+] = 96 mM, [5-HT+] = 1 ,uM, versus membrane voltage..

The experimentally determined permeation properties of
5-HTT include its steady-state currents as a function of Na+
and 5-HT+, leakage currents (Na+ flux in the absence of
5-HT+), and variable stoichiometry (5-12 Na+ transported
per 5-HT+) (Mager et al., 1994). The phenomena of leakage
currents and variable stoichiometry are not expected from
the alternating access model. The simulation reproduced the
above experimental results under one set of model param-
eters. The simulated 5-HTT steady-state current showed a
nonsigmoidal dependence on [Na+] (Fig. 7 A) and a bipha-
sic dependence on [5-HT+] (Fig. 7 B). Leakage currents on
the order of 1 nA were observed in the absence of external
5-HT+ (Fig. 7 C). An important feature of 5-HT transport is
its variable stoichiometry (voltage-dependent flux ratio of
Na+/5-HT+). This is simulated in Fig. 7 D.
We comment here on several critical parameters that

underlie two unique permeation properties of the 5-HT
transporter: the nonsigmoidal dependence on [Na+] and the
biphasic dependence on [5-HT+]. The nonsigmoidal depen-
dence can be made sigmoidal by increasing the population
of transporter configurations 5, 6, 7 (occupied by two Na+)
relative to 2, 3, 4 (occupied by one Na+). The biphasic

dependence can be abolished either a) by increasing the
intrinsic hopping frequency ratio between Na+ and 5-HT+
or b) by increasing the positive coupling between 5-HT+
and its modulators. This implies that the slower movement
of 5-HT+ can block the movement of Na+, thereby causing
decreasing current at higher [5-HT+].

Simulation of SGLTI function

SGLT1 is a Na+/glucose cotransporter that shares a postu-
lated membrane topology and functional properties with
GATI (Wright, 1993). Na+ and sugar (the nonmetaboliz-
able derivative a-methyl-D-glucose is typically used in
physiological studies) appear to be the only substrates; thus
the number and charge of its substrates equal those for the
simplified model of GATI discussed above. SGLT1 has
been modeled previously as a carrier (Parent et al., 1992b).
Our simulations approximated the I-V curves (Fig. 8, A and
B) and the experimental substrate flux ratio (Fig. 8 C) under
one set of model parameters. Table 2 reveals that several of
the kinetic parameters for SGLT1 are greater than those for
GATI, so that SGLT1 has an overall higher turnover rate.
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FIGURE 8 Simulated versus experimental SGLT1 steady-state proper-

ties. (A) Steady-state current as a function of membrane potential. Exper-
imental data were taken at [sugar] = 1 mM, with [Na+] varying from 2 to
10 mM and as indicated. (B) Steady-state current as a function of mem-
brane potential. Data were taken at [Na+] = 10 mM, with [sugar] varying
from 0.1 to 1 mM and as indicated. Assumed number of transporters in the
membrane forA is roughly twice that for B. (C) Flux ratio of Na+ to [sugar]
simulated at [Na+] = 10 mM, [sugar] = 6 mM, as a function of voltage
from -100 to -60 mV.

There are also differences in the electrical positions of the
binding sites between these two transporters, accounting for
the different voltage sensitivities of transport.

DISCUSSION

Our simulations show that it is possible to account for the
major features of ion-coupled transport without invoking
explicit conformational changes that control the compart-
mentalization of substrates. The present multi-substrate sin-
gle-file transport model differs from the usual alternating
access models, which suggest that the transporter possesses
a "gate" at both ends of the lumen, that the gates are
alternately exposed to one side of the membrane, and that
the gating is controlled by substrate binding at appropriate
sites and with appropriate stoichiometry. In the multi-sub-
strate single-file transport framework, the only structural
assumption is the protein's capability to provide a linear
lumen and to mediate substrate-substrate interactions. This
assumption seems plausible in light of present knowledge
about permeation through ion channels.

Ion-coupled transporters show a wide range of perme-
ation properties, including leakage currents, variable stoi-
chiometry, substrate flux coupling, and voltage-dependent
transients. Alternating-access models account for only some
of these properties. Tight substrate flux coupling and volt-
age-dependent charge movements naturally result from
these models, whereas variable stoichiometry and leakage
currents are inherently hard to explain with these models. In
contrast, the present scheme covers a broad spectrum of
permeation properties. It can be applied to GATI, which
shows leakage currents, tight substrate flux coupling, and
voltage-dependent gating currents. The model can also be
used to interpret the variable stoichiometry of the 5-HT
transporter. The flexibility of the model can be largely
attributed to the minimal assumptions made about trans-
porter structures. One of our colleagues remarked that our
model resembles a diffusion pump.

Transport cycles

In an alternating-access model (see, for instance, Rudnick
and Clark, 1993), there is a definite series of transitions
among steps, looping back to a starting state after a com-
plete set of substrates has been transported; and this series
constitutes the transport cycle. In the multi-substrate single-
file transport model, there are many more possible states
than in other models; which are the major steps in the
transport cycle? To address this question, we trace out major
transport cycles in Fig. 2 as follows. We start from the
empty transporter (configuration 1) and choose the transi-
tion with the highest net flux. If the two greatest net fluxes
differ by less than 5%, we choose both. These steps are
repeated until closed loops are formed. Fig. 9 A shows the
subset of states and transitions from Fig. 2 that are included
in the two major transport cycles for GATI, under the same
experimental conditions as in Fig. 4 D. The two transport
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TABLE 2 Optimized parameter values for GATI, 5-HT, and SGLT1

5-HT
Parameter Physical meaning Units GATI transporter SGLT1

k, Forward binding constant (Na+) M- s-I 170. 56.3 6.1 X 105
k2 Forward binding constant (organic substrate) M-'s-I 6.45 X 105 35,100 3.1 X 105
h, Intrinsic hopping frequency (Na+) s-1 1.02 3.59 340
h2 Intrinsic hopping frequency (organic substrate) s-1 12.6 1.00 1055
d, Electrical location of binding sites (0 < d < 1) 0.5 0.509 0.164
d2 0.692 0.701 0.674
d3 0.8 0.901 0.894
Alo Attractive interaction between Na+ and an empty site 0.133 8.62 x 10-3 6.42 X 10-7

Attractive interaction between organic substrate and
A20 an empty site 0.05 6.85 1.23
All Attractive interaction between Na+ and Na+ 9.83 9.79 4.04

Attractive interaction between Na+ and organic
A12 substrate 40001 2.73 8.61

Attractive interaction between organic substrate and
A22 organic substrate 40.5 0.0526 0.297
RIO Repulsive interaction between Na+ and an empty site 9.74 1.04 0.506

Repulsive interaction between organic substrate and
R20 an empty site 60.5 3.35 X 10-3 8.21
RI, Repulsive interaction between Na+ and Na+ 0.257 3.42 9.70

Repulsive interaction between Na+ and organic
R12 substrate 10001 4.05 2.07

Repulsive interaction between organic substrate and
R22 organic substrate 701 8.38 8.73
AGIo Repulsive interaction between Na+ and an empty site 2.54 2.84 8.04

Repulsive interaction between organic substrate and
AG20 an empty site 4.20 -4.51 1.12
AG,I Repulsive interaction between Na+ and Na+ -2.16 -0.62 0.52

Repulsive interaction between Na+ and organic
AG12 substrate -0.82 0.23 -0.84

Repulsive interaction between organic substrate and
AG22 organic substrate 1.69 3.00 2.00

For GATI, 5-HTT, and SGLT1, five, eight, and two sets of parameters (respectively) yielded nearly equal cost function values for the steady-state data.
For GATI, the parameters given are those that also simulated the transient data (see Fig. 5). For the 5-HT transporter and SGLT1, parameters with the lowest
cost function values are presented. Substrate 1 = Na+ in all cases. For GATI, 5-HTT, and SGLT1, substrate 2 = GABA, 5-HT+, and sugar, respectively.

cycles operate simultaneously; one releases a Na+, and the
other releases both a Na+ and a GABA. Together, they
provide an explanation for the observed substrate flux ratio
(1 < Na+/GABA < 2).
To understand the origin of "variable stoichiometry," a

similar transport cycle analysis is applied to the 5-HT trans-
porter (Fig. 9 B). The transport cycle couples one 5-HT+
release to a loop of Na+ releases. This loop may be respon-
sible for the observed variable stoichiometry, because var-
ious numbers of Na+ molecules can be released per 5-HT+
molecule. If this hypothesis is correct, it can further explain
the voltage dependence of variable stoichiometry (Fig. 7 D).
Upon hyperpolarizing, the steady-state population of trans-
porter configurations 5, 6, 7 and the transition frequency
from configuration 3 to 5 are both increased, which accel-
erates the loop and stimulates more Na+ flux per 5-HT+
molecule transported.

Computational strategy
Most previous modeling studies have used the King-
Altman diagrammatic method to analyze the steady-state

distribution of transporters (e.g., Hill, 1977). However,
the number of King-Altman patterns increases dramati-
cally as the number of states increases. This constrains
the number of practical carrier states. One could in prin-
ciple automate the King-Altman procedure to analyze
more complicated kinetic schemes. However, the time
required to list the King-Altman patterns grows as NNl,
where N is the number of carrier states. The present
model uses Gauss-Jordan elimination to solve the steady-
state distribution. Gauss-Jordan elimination is computa-
tionally different from the King-Altman diagrammatic
method, but gives the same solution. Because Gauss-
Jordan elimination scales as N 3, where N is the number of
carrier states, it allows for the consideration of a signif-
icantly larger number of states.

Limitations and future directions

The major limitation of our theory in its present form is
its inability to deal with the phenomena of antiport,
countertransport, exchange, or counterflow, as exempli-
fied by Na+/Ca2+ exchangers, by the glutamate trans-
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FIGURE 9 Major transport cycles for GATI and
5-HIT. (A) Major transport cycles for GATI traced
out by the method described in text. Two transport
cycles operate simultaneously. Together, they pro-
vide an explanation to the observed substrate flux
ratio (1 < Na+/GABA < 2). (B) Major transport
cycles for 5-HTT. The cycle couples one 5-HT+
release to a loop of Na+ releases. This loop may be
responsible for the observed variable stoichiometry.
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for the transporters simulated here, there is no proof for
topology diagrams postulated on the basis of the se-
quence, no information about secondary or tertiary struc-
ture, and little data about the residues that actually line
the lumen that we postulate. Until such information be-
comes available, there is little objective reason to choose
our model over the alternating-access model and its vari-
ants. Although some may prefer the present model be-
cause of its simplicity, nature does not seem to prefer
simple mechanisms for her macromolecuar machines.

CONCLUSION

The hypothesis of "multi-substrate single-file transport"
has been tested and found to account quantitatively for
the steady-state data of ion-coupled transporters GAT1,
5-HTT, and SGLT1. In addition, the model predicts the
GATI transporter's transient responses to voltage and
concentration jumps. The model also simulates transport
up a concentration gradient, an important feature of ion-
coupled transporters. Model analysis such as major trans-
port cycles gives insights about the tight flux coupling of
GAT1, leakage currents, and variable stoichiometry of
5-HT transport. Inspection of model parameter values
yields a set of microscopic rules that may explain the
simulated population distribution of transporter configu-
rations. The success of the model suggests that concepts
such as "alternating access" or "gates" are not necessary
in interpreting existing experimental results and perhaps
can be recast into the present, more general, framework.
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