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Data from analyses of continuous culture fermentation of insoluble cellulose by Ruminococcus albus 7 were
used to derive constants for the rate of cellulose hydrolysis and fermentation, growth yield, and maintenance.
Cellulose concentration was 1% in the nutrient reservoir, and hydraulic retention times of 0.5, 1.0, 1.5, 1.75,
and 2.0 days were used. Concentrations of reducing sugars in the cultures were negligible (less than 1%)
compared with the amount of hydrolyzed cellulose, indicating that cellulose hydrolysis was the rate-limiting
step of the fermentation. The rate of utilization of cellulose depended on the steady-state concentration of
cellulose and was first order with a rate constant (k) of 1. 18 day-'. The true microbial growth yield (Y) was 0. 11
g g-', the maintenance coefficient (m) was 0.10 g g-' h-', and the maximum YAII' was 7.7 g of biomass (dry
weight) mol of ATP- .

Cellulose fermentation is an important process for rumi-
nants and other herbivores since it provides them with
carbon and energy. In addition, fermentation of cellulosic
wastes such as urban refuse and paper mill, agricultural, and
food wastes is useful for minimizing pollution and is poten-
tially important for the production of a variety of fermenta-
tion products and single-cell protein. Despite the significance
of the microbial fermentation of cellulose, there have been
few studies of the kinetics of cellulose fermentation by
bacteria.
Continuous culture methods are particularly useful for

studying growth and fermentation kinetics. An anaerobic
continuous culture apparatus was designed and used for
studying the fermentation of cellulose by Ruininococcus
albius as previously reported (6). This report deals with the
development of a kinetic model for cellulose fermentation
and the estimation of key kinetic constants.

MATERIALS AND METHODS

R. albus 7 was used as the cellulolytic bacterium. The
nutrient suspension contained cellulose (Avicel, type PH-
105; FMC Corp., Philadelphia, Pa.), Pfennig mineral and
metal solutions (5), B vitamins, sodium bicarbonate, cyste-
ine-sulfide, resazurin, and clarified rumen fluid. Five fermen-
tors were constructed, and their operation was controlled by
a personal computer. Details on medium constituents and
preparation, analytical procedures, and continuous culture
apparatus design and operation were previously reported (6).
The fermentors were operated at 0.5-, 0.75-, 1.0-, 1.5-, and

2.0-day hydraulic retention times. Nutrients were fed and
fermentor contents were removed once per hour. Solids in
the withdrawal lines settled back into the fermentors be-
tween the hourly withdrawals, resulting in increased reten-
tion times of both particulate cellulose and biomass. The
effluent volume that settled back into the fermenters was 1
ml each hour (i.e., Z = 0.024 liter day-1), and all the solids
present in this volume appeared to return to the fermentors
(completely clear liquid). This led to the following solids

* Corresponding author.
t Present address: Department of Civil and Environmental Engi-

neering, Clarkson University, Potsdam, NY 13676.

retention times (respective hydraulic retention times shown
in parentheses): 0.52 (0.50), 0.78 (0.75), 1.06 (1.00), 1.65
(1.50), and 2.27 (2.00) days.
To express all parameters on a uniform basis, fermenta-

tion products and the biomass were converted to equivalent
glucose units by use of the theoretical oxygen demand, as
is demonstrated in the following examples: for glucose,
C6H1206 + 602 = 6CO + 6H20 or 6 mol of oxygen mol (180
g) of glucose-l; for ethanol, CH3CH,OH + 302 = 2CO2 +
3H,O or 3 mol of oxygen mol of ethanol-1. Therefore, 1 mol
of ethanol is equivalent to 180/(6/3) = 90 g of glucose. The
conversion factors for the other products were calculated in
the same fashion and are 60, 15, 15, and 150 g of glucose per
mol of product for acetate, formate, H2, and biomass,
respectively. To convert biomass dry weight units to molar
units, we assumed that the empirical formula of the organic
fraction of the biomass was C5H702N (commonly used for
bacterial cells [4]) and that the organic fraction was 90% of
the cell dry weight.

RESULTS

Kinetics equations. The disappearance of cellulose in con-
tinuous cultures of R. a/lbis (6) followed first-order kinetics
with respect to the concentration of particulate cellulose:

dCldt = -kC (1)

where C is the particulate cellulose concentration and k is
the rate constant for cellulose disappearance.
The relationship between bacterial growth rate and the

concentration of the growth-limiting substrate is usually
expressed by the Monod equation (7):

= RMS/(KS + S) (2)

where ,. = (1/X)(dXldt) is the specific growth rate, F.M is the
maximum specific growth rate, S is the substrate concentra-
tion, Ks is the half-saturation constant, and X is the biomass
concentration. In the present analysis, S represents the
soluble sugar concentration since this is the actual substrate
taken up by the cells.
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The substrate utilization rate is expressed as:

dSldt = -(1IY)pX = -IMSXIY(Ks + S)
5

(3)
where Y is the microbial growth yield (bacterial mass pro-
duced per mass of substrate used).
The net microbial growth rate is expressed as:

dXldt = (p - a)X

and substituting ,. from equation 2 we obtain:
dXldt = [[tmSXI(Ks + S)] - aX

4
c)

.r3
0

C)
cJ 2c

(4)

(5)
where a is the specific maintenance rate which accounts for
endogenous metabolism and maintenance requirements.
For completely mixed fermentors at steady state, the

following mass balances can be derived: for particulate
cellulose,

VdCldt = QCo - (Q - Z)C - VkC = 0 (6)

for soluble sugars,

VdSIdt = QSO - QS + VkC - VRmSXI[Y(Ks
+ S)] = O (7)

for biomass,
VdXldt = QXo- (Q - Z)X + [VRmSX/(Ks + S)]

- VaX= 0 (8)

for products,
VdPIdt = QPO- QP + VRmSXI[Y(Ks + S)]

- VP3X{[pMSI(Ks + S)] - a} = 0 (9)

where Q is the hydraulic flow rate; V is the fermentor liquid
volume; Z is the solids flow rate settled back into the
fermentor (see Materials and Methods); C0, SO, and XO are
the influent particulate cellulose, soluble sugar, and biomass
concentrations, respectively; P0 and P are the influent and
effluent product concentrations, respectively; and I is a
factor used to convert biomass to equivalent substrate units
(i.e., p = 1.2 g of glucose equivalent g of biomass (dry
weight)-'; see Materials and Methods).
Mass conservation reasoning was used to derive the last

mass balance (equation 9), the substrate utilized is either
incorporated into cellular material or converted to products.
Therefore, the amount of products should always be equal to
the difference between the substrate utilized and the net
cellular biomass produced.
The above equations were used to algebraically derive

explicit solutions for each variable. The model equations
are:

C = (RcIR)CJ(1 + kRC) (10)

S = Ks[-XJR + X(1IRc + a)]I[XJR
+ X(tLm - a - 1IRc)] (11)

X = {XO + Y[CO- (RIRc)C + So - S]}I[R(1IRc + a)] (12)

P = Po + CO + SO-S +PXo-(RIR,) (C +PX) (13)
where R is the hydraulic retention time (= V/Q) and Rc is the
solids retention time [= V/(Q - Z)]. (Note: Retention time is
the inverse of dilution rate.)

Evaluation of kinetic constants. The three kinetic constants
(k, Y, and a) were estimated. Equation 10 in a linear form
becomes:

SOLIDS RETENTION TIME, days

FIG. 1. Estimation of the rate constant for cellulose disappear-
ance according to equation 14. Rc and R are the solids and hydraulic
retention times, respectively. C0 and C are the influent and fermen-
tor cellulose concentrations, respectively.

RCCJRC = 1 + kRc (14)
The quantity RCCJ/RC was plotted versus Rc (Fig. 1) and
resulted in a regression equation: y = 0.98 + 1.18x (r2 =
0.99). Based on the slope of the regression line, the value of
k was estimated as equal to 1.18 day-'.

Equation 12 for XO and S0 equal to zero becomes:

X = Y((Rc/R)(Co- S) - C]I(1 + aRc) (15)
By linearization and substitution of (1IX)[(1IR)(Co - S) -

(CIRc)] = U (= specific substrate utilization rate; mass
substrate utilized per mass biomass present per day), the
following expression results:

1IRc = YU - a (16)

When the experimental data were plotted according to
equation 16 (Fig. 2), the regression equation was: y = -0.30
+ 0.llx (r2 = 0.99). From the values of the slope and y
intercept, the values of the growth yield and specific main-
tenance were determined, respectively. Therefore, Y = 0.11
gg1 and a = 0.30 day-'.

Pirt (7) showed that m = a/YEG, where YEG is the true
growth yield (i.e., substrate energy entirely utilized for
growth without any utilization of energy for maintenance).
YEG can be estimated as:

YEG = cYI(c - dY) (17)
where Y is the true yield based on total use of substrate for
growth with zero maintenance requirement, c is the carbon
fraction of the substrate, and d is the carbon fraction of
biomass (7). For the present study, c = 0.4 (since substrate
was expressed as glucose) and d = 0.48 (assuming that the
organic fraction is 90% of the cell dry weight and is repre-
sented by the formula C5H702N). Thus, for Y = 0.11 g g-1,
YEG = 0.124 g g-1, and for a = 0.30 day-l, the maintenance
coefficient (m) is equal to 0.10 g g-1 h-1.
The maximum microbial ATP yield can be estimated by

the following equation (7):

YATP = MYEGIn (18)

where n is the moles of ATP available to the microorganism
per mole of energy source utilized and M is the gram-
molecular weight of the energy source. For the case at hand,
it was assumed that cellobiose was hydrolyzed to glucose, 2
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FIG. 2. Estimation of growth yield and specific maintenance rate
according to equation 16. d, Day.

mol of ATP were obtained by the Embden-Meyerhof-Parnas
pathway, and 1 mol of ATP was produced from the forma-
tion of acetate from pyruvate (3, 10). Based on the average
acetate production (90 mol of acetate 100 mol of glucose
equivalents used-'), n = 2.9. For M = 180 g mol-', the
maximum yield is then estimated as 7.7 g of cell (dry weight)
mol ATP-1. If cellobiose is converted to glucose by a
mechanism that leads to the formation of phosphorylated
glucose, the maximum yield would be lower, i.e., 6.6 g of
cell (dry weight) mol of ATP-'.
The constants PLM and Ks theoretically can be estimated

by linearization of equation 11. However, such a plot of data
resulted in a negative correlation because the observed
soluble sugar concentrations showed a slight increase (in-
stead of decrease) with increasing retention time (6). How-
ever, the soluble sugar concentrations were very low (32 to
52 mg liter-') when compared with the concentration of the
hydrolyzed cellulose (3,900 to 7,900 mg liter-'). Therefore,
for all practical purposes, soluble sugar concentrations were
negligible.
The specific product output rate (Rp; mass of products

generated per fermentor volume per day) can be derived
from equation 13. For PO, S(, and XO equal to zero, the
following expression results:

Rp = QPIV = (1IR)(C0 - S) - (11R,)(C + 3X) (19)

By use of equations 10, 15, and 19 and the kinetic
constants estimated based on the data of this study, the
following parameters were calculated as a function of solids
retention time: cellulose concentration, biomass concentra-
tion, and specific product output rate. Figure 3 depicts the
results of the model predictions as well as the observed data.
The above equations can be applied beyond the range of

solids retention times used in the present study. The equa-
tions and the estimated kinetic constants can be used to
predict culture values (e.g., fermentor cellulose and biomass
concentrations) for different influent (reservoir) cellulose
concentrations and a broader range of solids retention times.
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FIG. 3. Effect of solids retention time on cellulose, biomass, and
specific product output rate; , model predictions (bars indicate
95% confidence intervals). d, Day.

For a case in which no settling of solids in the withdrawal
line occurs or no solids recycle is applied (i.e., R = Rc) and
ignoring S (since it is negligible compared with the mass of
hydrolyzed cellulose) the following equations result:

(Co - C)/CO = 1 - 1(1 + kRc)
XI(C( - C) = Y/(1 + aRc)

(20)

(21)

Both equations are dimensionless and, in contrast to equa-
tions 10 and 15, can be used without specifying influent
cellulose concentration (CO). Therefore, these equations
have a universal applicability within certain physical con-
straints. Equation 20 essentially represents the fraction of
influent cellulose that is hydrolyzed at a specified retention
time. Equation 21 is the ratio of biomass to hydrolyzed
cellulose, or the observed microbial growth yield (YOBS)*
Figure 4 depicts equations 20 and 21 for an extended range of
solids retention times. The values of k, a, and Y estimated in
the present study were used for these predictions. For any
given solids retention time and a specified influent cellulose
concentration, the effluent cellulose concentration (C) can be
estimated from the lower curve of Fig. 4. The upper curve in
the same figure can be used to estimate X/(Co - C), which in
turn yields the value of X.

DISCUSSION

The amount of carbon recovered in products and biomass
was virtually equivalent to the amount of particulate cellu-
lose carbon that disappeared, indicating that significant
pools of soluble hydrolysis intermediates did not accumu-
late. This was confirmed by the fact that soluble reducing
sugar concentrations were negligible (less than 1%) when
compared with the amount of particulate cellulose used. The
results show that the conversion of particulate cellulose to
soluble products governed the rate of the fermentation. The
soluble sugar concentrations showed a slight increase with
increasing retention time (6). Undegraded extracellular car-
bohydrates or intracellular storage carbohydrates released
upon death and lysis of nonviable cells may have contributed
to the observed soluble carbohydrate. Both sources would
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FIG. 4. Model predictions for an extended range of solids reten-
tion times. Co and C are the influent and fermentor cellulose
concentrations, respectively. X is the fermentor biomass concentra-
tion.

be expected to increase as the retention time increases. The
increase of soluble sugars with increasing retention time
precluded any estimation of P-Al and K. for the soluble
substrate taken up by the cells and fermented.

It is difficult to interpret the observed first-order kinetics
of cellulose disappearance found in the present study in
terms of models of enzyme kinetics developed from studies
of the decomposition of particulate cellulose by cell-free
enzymes (2). For example, a recent study showed that the
rate of production of cellobiose and glucose from Avicel by
cellulase from Penicillium fiunic-ulosiuml increased with in-
creasing substrate concentration even when substrate was
supplied at high percentage concentrations (e.g., 10 to 20%
Avicel), but the kinetics of hydrolysis were not simple
first-order kinetics (1). A model was developed that took into
account the heterogeneity of the substrate, the operation of
multienzyme reactions, enzyme adsorption and inactivation,
and product inhibition to explain the observed kinetics of
cellulose hydrolysis (1). However, Stack and Cotta (8)
showed that cellulose disappearance in batch cultures of R.
albius 7 was first order with a rate constant of 0.12 h-1 for
cultures grown on ball-milled Whatman no. 1 filter paper in
a medium supplemented with 3-phenylpropanoic acid. The
rate constant found in the present study was 1.18 day-' (ca.
0.05 h-1). The different rate constants are probably due to
the differences in the type of cellulose used in the two
experiments.
The finding in the present study that the rate of cellulose

disappearance appeared to be independent of the biomass
concentration in the fermentors was unexpected. Whatever
the mechanism of enzymatic hydrolysis of cellulose, it was
expected that the amount of hydrolytic enzyme would vary
with biomass concentration and influence the rate of disap-
pearance of cellulose. If both substrate and biomass concen-
tration limited the rate, disappearance of cellulose should
have followed second-order kinetics in which both biomass
and substrate concentrations are rate limiting. For example,
second-order kinetics apply when very low, rate-limiting
concentrations of xenobiotics are decomposed by microor-
ganisms (9). A possible reason for first-order kinetics for

cellulose disappearance in the present study is that the molar
concentration of cellulase in the continuous cultures was
always in excess of the molar concentration of cellulose
regardless of biomass concentration and that only the con-
centration of cellulose limited the rate of fermentation. An
alternative explanation is that the molar concentration of
cellulase was the same at all retention times but much lower
than the molar concentration of cellulose. This would imply
regulation of cellulase production by cells as a function of
growth rate. Additional experiments, especially experiments
that include direct measurements of enzymes responsible for
the conversion of particulate cellulose to cellobiose, are
necessary to investigate the basis of the first-order kinetics
of cellulose fermentation observed in the present study.

First-order kinetics may govern the rate of microbial
hydrolysis of other insoluble substrates. In addition to
substrates that are insoluble under the usual conditions used
to grow microorganisms, polymeric substrates which are
artificially rendered soluble by heat, e.g., starch, may un-
dergo first-order hydrolysis when untreated. The method we
developed for supplying relatively homogeneous suspen-
sions of insoluble cellulose to continuous cultures can be
used for studying the kinetics of microbial growth on a
variety of insoluble substrates.

ACKNOWLEDGMENTS

Portions of this work were supported by National Science Foun-
dation grant PCM 8308496 and grant 835-ERER-RIER from the New
York State Energy Research and Development Authority, the Gas
Research Institute, and the New York Gas Group.
We thank E. Currenti and J. H. Palmer for technical assistance.

We also thank FMC Corp. (Philadelphia, Pa.) and J. B. Russell
(Cornell University) for generously supplying cellulose samples and
rumen fluid, respectively.

LITERATURE CITED

1. Borchert, A., and K. Buchholz. 1987. Enzymatic hydrolysis of
cellulosic materials. Process Biochem. 22:173-180.

2. Fan, L. T., and Y. H. Lee. 1983. Kinetic studies of enzymatic
hydrolysis of insoluble cellulose: derivation of a mechanistic
kinetic model. Biotechnol. Bioeng. 25:2707-2733.

3. lannotti, E. L., D. Kafkewitz, M. J. Wolin, and M. P. Bryant.
1973. Glucose fermentation products of Rumninococcus a/lbus
grown in continuous culture with Vibr-io succinogenes: changes
caused by interspecies transfer of H,. J. Bacteriol. 144:1231-
1240.

4. McCarty, P. L. 1975. Stoichiometry of biological reactions.
Prog. Water Technol. 7:157-170.

5. McInerney, M. J., M. P. Bryant, and N. Pfennig. 1979. Anaer-
obic bacterium that degrades fatty acids in syntrophic associa-
tion with methanogens. Arch. Microbiol. 122:129-135.

6. Pavlostathis, S. G., T. L. Miller, and M. J. Wolin. 1988.
Fermentation of insoluble cellulose by continuous cultures of
Ruininococcius albius. AppI. Environ. Microbiol. 54:2655-2659.

7. Pirt, S. J. 1975. Principles of microbe and cell cultivation.
Blackwell Scientific Publications, Ltd., Oxford.

8. Stack, R. J., and M. A. Cotta. 1986. Effect of 3-phenylpropanoic
acid on growth of and cellulose utilization by cellulolytic rumi-
nal bacteria. Appl. Environ. Microbiol. 52:209-210.

9. Suflita, J. M., W. J. Smolenski, and J. A. Robinson. 1987.
Alternative nonlinear model for estimating second-order rate
coefficients for biodegradation. AppI. Environ. Microbiol.
53:1064-1068.

10. Wolin, M. J. 1982. Hydrogen transfer in microbiol communities,
p. 323-356. In A. T. Bull and J. H. Slater (ed.), Microbial
interactions in communities, vol. 1. Academic Press Inc. (Lon-
don), Ltd., London.

VOL. 54, 1988


