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Abstract
DNA-DNA interactions are important for the assembly of DNA nanostructures and during
biological processes such as genome compaction and transcription regulation. In studies of these
complex processes, DNA is commonly modeled as a homogeneously charged cylinder and its
electrostatic interactions are calculated within the framework of the Poisson-Boltzmann equation.
Commonly, a charge adaptation factor is used to address limitations of this theoretical approach.
Despite considerable theoretical and experimental efforts, a rigorous quantitative assessment of
this parameter is lacking. Here, we comprehensively characterized DNA-DNA interactions in the
presence of monovalent ions by analyzing the supercoiling behavior of single DNA molecules
held under constant tension. Both a theoretical model and coarse-grained simulations of this
process revealed a surprisingly small effective DNA charge of 40% of the nominal charge density.
These findings were directly supported by atomic-scale molecular dynamics simulations that
determined the effective force between two DNA molecules. Our new parameterization has direct
impact on many physical models involving DNA-DNA interactions.
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DNA has emerged as a versatile material for nanoscale assembly,1,2 with application
ranging from nanomachines,3 templates for nanoelectronics,4 to biocomputing,5 etc. While
hybridization of complementary DNA polymers drives assembly of such nanostructure, the
nano-scale physical properties of DNA molecules, in particular the elastic moduli,6,7 the
excluded volume8 and the electric charge density set limits on what is possible. In nature,
these fundamental properties of DNA govern its biological function by influencing DNA
folding, packaging,9 pairing,10 and interactions with other biological macromolecules.11

In order to rationally improve the assembly of highly compacted DNA nanostructures2 but
also to develop meaningful quantitative models describing biological systems and processes,
a precise knowledge of the interaction between two DNA molecules, which is mostly of
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electrostatic origin, is mandatory. DNA electrostatics is affected by surrounding counter
ions, which screen the DNA charge on the scale of the Debye length λD. The counter ion
cloud is mainly set by the interplay between solute-ion electrostatic attraction and entropic
repulsion, for which the Poisson-Boltzmann equation provides a mean-field description. For
highly charged polymers such as DNA this approach can have considerable limitations
arising from the reduced structural detail with which the DNA macromolecule is
approximated and the assumption of a continuous counter ion density. To offset these
problems, it is common practice to rescale DNA electrostatic potentials with a charge
adaptation factor. Values between 70% and 100% of the bare DNA charge density are
typically used,12–14 but the correct parameterization is debated.12 Often such factors are
indirectly obtained from experiments, which are unrelated to DNA-DNA interactions.15

While recent experiments and simulations with nanopores provided a breakthrough for the
understanding of DNA electrophoresis,16–19 direct experimental studies of DNA-DNA
interaction are rare and themselves limited e.g. to condensed DNA phases,20 short almost
spherical DNA particles21 or large DNA-DNA distances.22 Despite increasingly
sophisticated experiments, an unambiguous quantitative assessment of DNA-DNA
interactions has not been achieved yet. Here we address this issue using magnetic tweezers
to measure the ionic strength-dependent supercoiling response of single DNA molecules
held under constant tension.23,24 This allows us to mechanically confine two DNA
molecules at nanometer proximity in free solution and in absence of disturbing surfaces.

An illustration of the experiment is shown in Figure 1a. Initially the DNA end-to-end
distance reduces only slightly upon supercoiling. Once a critical supercoil density is
reached, the molecule buckles and the end-to-end distance LDNA decreases linearly with the
number of added turns N (Figure 1b) as the extrusion of a superhelical structure absorbs the
additional turns in form of writhe.25 While the torque within the DNA increases linearly
before the supercoiling transition, it remains constant afterwards.23,26 The slope dLDNA/dN
in the superhelical phase depends on the applied force and on the ionic strength of the
solution (Figure 1c). Several models have recently been developed to describe this
dependence theoretically,27,28 but a quantitative prediction of the slopes across a broad
range of applied tensions has not yet been achieved23,28(see supporting information, Figure
S1).

In order to provide an improved description of the superhelical regime, we calculate the
energy  per added turn to form an ideal DNA superhelix with superhelical radius ρ and
helical repeat length h in the absence of fluctuations12,13,28 (Figure 1a), with the DNA
charge as a free parameter:

(1)

The value  denotes the potential energy change due to shortening the DNA end-to-end
distance against the applied force F,  the bending energy of the DNA within the

superhelix and  the DNA-DNA electrostatic interaction energy. Per added turn, i.e. per
superhelical writhe, the DNA length within the superhelix grows by:13 [(2πρ)2 +h2]/h =
dLDNA/dN, which equals the slope of the supercoiling curves when neglecting fluctuations.

 is then given by:

(2)
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The bending energy per turn can be written as:13

(3)

where p = 50 nm denotes the bending persistence length, kB the Boltzmann constant, and T
the absolute temperature. The term within square brackets describes the DNA curvature. We
calculate the electrostatic interaction energy between the two DNA double-strands of the
superhelix as previously described.29,30 DNA is approximated as a cylindrical, uniformly
charged rod with 1.2 nm radius and linear charge density χCR·ξ, where χCR is the adjustable
charge adaptation factor and ξ = 2e/0.34 nm is the nominal charge density. The electrostatic
potential along one DNA double-strand is obtained by integrating point charge potentials
placed at the center-line of the opposite double-strand. The DNA charge density ξ* entering
the potential is adapted (see Figure S2) to account for the cylindrical geometry (factor χRod)
and for deviations due to using solutions to the linearized Poisson-Boltzmann equation
(factor χPB). For an ideal infinite superhelix the electrostatic potential is invariant along the
DNA contour and the electrostatic interaction energy per added turn is approximately the
product of the calculated potential (see Figure S2) and the adapted charge of one of the
double-strands,29 1/2 · dLDNA/dN · ξ*:

(4)

with ξ* = ξ · χCR · χRod · χPB and lB = 0.7 nm being the Bjerrum-length in water. r(s)
denotes the distance between a point located at position s of the center-line of one double-
strand and a fixed point located at the center-line of the other double-strand of the
superhelix. Numeric integration is performed over the whole center-line s of the former
double-strand. This simplified electrostatic potential yields values very similar to the full
numerical solution of the Poisson-Boltzmann equation (Figure S3).

By combining eq 1–4 we now can calculate  and by minimization with respect to ρ and h
one obtains the slope dLDNA/dN and the DNA torque  for the energetically
favored superhelix configuration.

We compared the predictions of our model with the experimentally obtained slopes of our
supercoiling curves for forces between 0.25 and 4 pN (Figure 1b) in buffers containing 30
mM to 320 mM Na+. Remarkably, the slopes at all applied forces and ion concentrations are
accurately described (Figure 1c). However, achieving the agreement required a substantial
reduction of the DNA charge by employing the charge adaptation factor χCR = 0.42,
independent of the salt concentration (Figure S4). Our theoretical model accurately
describes the slopes of recently available, independently measured supercoiling curves23

(Figure 2a). Since the force dependence of slope and torque are linked,23,31 our model also
predicts the torque in the superhelical phase correctly (Figure 2b and S5). The obtained χCR
is found to be rather insensitive to other parameters of the model, e.g. changing the weakly
salt dependent persistence length by 5 nm alters χCR only by ± 0.03.

To exclude the possibility that the small effective charge is an artifact due to neglected
fluctuations, we carried out coarse-grained Monte-Carlo simulations (Figure 3). The DNA is
modeled as a chain of small cylindrical segments, with equivalent terms describing the
potential, bending, and electrostatic energies as in the theoretical model. Additional terms
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account for the twisting and stretching energy.14 By performing simulations with different
numbers of added turns, we obtained supercoiling curves very similar to those observed
experimentally (Figure 3b). Applying χCR = 0.42, the slopes from simulation, theory and
experiments are in excellent agreement over the entire range of applied forces and ionic
strengths (Figure 3c). This provides strong, independent support for a small effective DNA
charge. Comparing torque values from the simulations and theoretical model, we find a good
overall agreement, except the values from simulations appear globally 1.5 pN nm higher
(Figure 3e). We attribute this deviation to DNA fluctuations which are neglected in the
model (see Supporting information and Figures S6–S8).

In order to obtain a microscopic verification for χCR, all-atom molecular dynamics
simulations were employed to obtain the force between parallel DNA molecules at different
salt concentrations.32 We obtained good agreement with the force calculated according to eq
4 using χCR = 0.42, and very poor agreement with χCR = 1.0 (Figure 4). To test whether the
value found for χCR is specific to DNA-DNA interactions or is a universal constant for DNA
electrostatics, we obtained the ion distributions around isolated double-stranded DNA
molecules17 (Figure S10). The radial ion distribution extended further from the DNA than
expected from Poisson-Boltzmann theory with χCR = 0.42 and approached the distribution
for χCR = 1.0 at low ionic strength (Figure S11a). Thus, the small value for χCR is specific to
DNA-DNA interactions. At elevated ion concentrations, the mean electrostatic potential
around the DNA was too weak to create the ion-distribution as observed in simulation and as
predicted by Poisson-Boltzmann theory (Figures S11b,c). This suggests that ion
distributions are not only determined by electrostatics, but that other effects such as
correlations in the ion clouds, the non-continuum nature of the dielectric surrounding and
ion exclusion can have a significant influence. This in turn is likely to cause the low DNA-
DNA interaction forces. Additionally, deviations from the homogeneously charged rod
model, such as strongly localized charges at the phosphates and counter ions entering the
DNA grooves may reduce the interaction forces.

By combining single-molecule experiments, theoretical considerations, coarse-grained and
all-atom simulations, we have shown that, within a cylinder approximation, DNA-DNA
interactions can only be described by a significantly reduced DNA charge. Furthermore, we
have introduced supercoiling experiments as a new way to build quantitative models of
interactions between biopolymers and have provided a theory that accurately describes DNA
supercoils over a broad range of tension and ionic strength. Supercoiling under tension is a
unique way to confine and align two DNA molecules into close proximity to each other in
absence of interfering surfaces.18 In contrast to previous investigations of supercoiled
plasmid DNA,14,22 our force-based experiments allow a more reliable quantification of non-
entropic DNA-DNA interactions since much smaller distances between DNA strands are
achieved (Figures S4 and S7). The surprisingly small DNA-DNA interactions result from a
complex interplay of a highly charged and structured molecule with solvent molecules and
ions. The extend of the particular contributions still remains to be investigated, e.g. using
double-strand RNA instead of DNA may help to elucidate the role of nucleic-acid
structure.19 The simple effective interaction potential will be an important contribution for
quantitative models of complex biomolecular systems, which cannot be treated with atomic
detail. The findings reveal that particular caution is necessary when applying effective
charge parameters obtained from experiments that investigate different physical questions,
such as electrophoresis,29 where a complex interplay between hydrodynamics and
electrostatics is probed.17,18,33
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Methods
Magnetic tweezers experiments

Magnetic tweezers experiments were carried out as previously described.24,34 DNA
substrates consisted of a 1865 bp or a 10.9 kbp linear fragment. At either end 600 bp
attachment handles, carrying multiple biotin- or digoxigenin-modified bases, were added by
ligation. Supercoiling experiments for forces ≥1 pN were carried out exclusively on the
short substrate. At lower forces additional measurements were done using the long substrate
in order to obtain more reliable slope values. DNA constructs were bound to 1 μm
streptavidin-coated superparamagnetic microspheres (MyOne, Invitrogen, Carlsbad, CA)
and flushed into a flow cell, whose bottom cover slip was coated with anti-digoxigenin. All
measurements were performed at room temperature in 10 mM phosphate buffer at 7.5 pH,
supplemented with varying amounts of NaCl to achieve the final Na+ concentrations
indicated in the text. The magnetic field was generated using a pair of permanent NdFeB
magnets (W-05-N50-G, Supermagnete, Uster, Switzerland). The length of the DNA was
determined from the vertical position of the magnetic microsphere with respect to a non-
magnetic reference microsphere attached to the surface of the flow cell using
videomicroscopy and 3D particle tracking with nm accuracy.35 Images of both beads were
acquired simultaneously with a frequency of 300 Hz using a fast CMOS-camera (EoSens
CL, Mikrotron, Unterschleißheim, Germany) and analyzed in real-time.

Coarse-grained Monte-Carlo simulations
DNA was described by a linear chain of 129 rigid 5 nm segments.14,36,37 The energy of the
system was a sum of the elastic energy of DNA represented by harmonic potentials for
stretching, bending and torsion and the electrostatic energy of DNA-DNA interactions
calculated in analogy to eq 4 as previousely described.14 The stretching force from the
magnetic tweezers was modeled as a linear potential applied to one end of the DNA and a
harmonic potential applied to the other end to ensure surface tethering. In addition, both
ends were torsionally constrained. The conformations of the chain were restricted by an
impenetrable surface near one end of the chain and by an impenetrable 0.8 μm sphere at the
other end. Writhe calculations and knot calculations were performed to prevent DNA strands
from crossing each other; invalid configurations were rejected. Statistically independent
ensembles of configurations were sampled using a standard Metropolis Monte-Carlo
approach.38 Every molecule was simulated at least 4 times at a temperature of 293 K for 60
million steps, which led to at least 1600 uncorrelated conformations. A detailed description
of the simulation procedure is given in Supplementary Methods.

All-atom molecular dynamics simulations
Following a method described previously,32 two copies of (A·T)20 were placed 26, 29, 32,
35, 40, or 45 Å apart in a box containing 60 or 170 mM NaCl electrolyte. The size of the
simulation system was chosen to ensure that the force due to periodic images would be <2%
of the force between the DNA in the same unit cell, assuming an exponentially decaying
force. The distance between the DNA molecules was harmonically restrained with a force
constant of 3000 pN Å−1 while the force was recorded. Three copies of the system at each
DNA separation and ion concentration were simulated. The first nanosecond of the force
data was removed. The data was subsequently concatenated and averaged in 200-ps blocks
to remove correlations affecting the standard error of the mean. A detailed description of the
simulation protocols is given in supporting information.

Supplementary Material
Refer to Web version on PubMed Central for supplementary material.
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Figure 1.
Dependence of DNA supercoiling on force and salt concentration. (a) Experimental setup
and superhelix parameters. (b) DNA supercoiling curves recorded in buffer containing 170
mM Na+ at stretching forces of 0.25, 0.5, 1.0, 2.0, 3.0 and 4.0 pN (gray, light blue, dark
blue, red, green and dark gray lines). Continuous twisting was carried out at 0.5 Hz. Data
was taken at 300 Hz and smoothed to 20 Hz. (c) Slopes after buckling as a function of force
obtained from the supercoiling curves for Na+ concentrations of 30, 60, 170 and 320 mM
(gray, red, black and blue circles) together with the prediction from the theoretical model
(solid lines) calculated for a charge adaptation factor χCR of 0.42. Inset: Slopes for 60 mM
Na+ (red circles) together with theoretical predictions for different values of χCR (lines).
Best agreement is found for χCR = 0.42 for all ionic strengths considered. Only slight
variations of χCR to 0.32 and 0.55 lead to a significant under- or overestimation,
respectively, of the slopes.
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Figure 2.
Comparison of the predictions from the theoretical model with data from ref. 13. (a) Slopes
after buckling versus force for different Na+ concentrations. Circles represent experimental
data, solid lines the theoretical prediction for χCR = 0.42. (b) Torque after buckling. Colors
and symbols are as in a.
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Figure 3.
Coarse-grained Monte-Carlo simulations of DNA supercoiling. (a) Snapshots of the formed
plectoneme at 1 pN and 8 turns in the presence of 30 and 320 mM monovalent ions. The
linear, stretched parts of the DNA as well as the surface and the bead are not shown. (b)
Simulated DNA supercoiling curves for 170 mM Na+ at stretching forces of 0.25, 0.5, 1.0,
2.0, 3.0 and 4.0 pN for χCR = 0.42 (colors are as in Figure 1b). Simulated curves excellently
reproduce the experimentally observed behavior. This includes the abrupt force- and salt-
dependent buckling at the onset of the plectonemic phase, which is accompanied by a torque
overshoot (see d). Buckling is followed by a linear DNA length decrease with added turns at
constant torque. (c) Slopes after buckling obtained from the simulated curves for Na+

concentrations of 30, 60, 170 and 320 mM (circles, colors as in Figure 1b) and
corresponding predictions from the theoretical model for χCR of 0.42 (solid lines). Inset:
Slopes from simulated curves at 60 mM Na+ for χCR = 0.42 (red dots) as well as for χCR =
0.32 and χCR = 0.55 (gray dots with dashed lines). The prediction for χCR = 0.42 is shown as
a solid red line. Small variations of χCR cause significant differences for the obtained slopes.
(d) Torque during DNA supercoiling for the curves shown in b. (e) Torque after buckling as
obtained from the simulations (filled circles) and after subtraction of 1.5 pN nm (open
squares) together with the corresponding predictions from the theoretical model for χCR of
0.42 (solid lines). Torque values from simulations appear globally shifted by 1.5 pN nm
compared to the theoretical model since subtraction of this value provides a much better
agreement. Na+ concentrations and colors are as in c.
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Figure 4.
All-atom molecular dynamics simulations of the effective force between double-stranded
DNA. (a) All-atom model used to determine the force. The DNA atoms are depicted as red
spheres; the counter and co ions are depicted as blue and purple spheres, respectively; the
water is shown as a semi-transparent molecular surface. The distance between the DNA
molecules was restrained by a harmonic potential, schematically depicted as a spring. (b)
The simulated mean force between the DNA. Data from MD simulations (circles, solid
lines) are shown alongside the theoretical predictions using a charge adaptation factor χCR of
0.42 (dashed lines) and 1.0 (dotted lines) at 60 (red) and 170 mM (black) bulk ion
concentrations. Data for 300 mM (blue) bulk ion concentrations is reproduced from previous
work.32 The relative orientation of the DNA did not appear to affect the obtained force
within error. The atomic structure of the interacting DNA and nearby solvent cause the force
to drop at 300 mM as the separation between the DNA surfaces approaches the atomic
scale.32
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