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Abstract: Objective: To determine the functional connectivity of different EEG bands at the ‘‘baseline’’
situation (rest) and during mathematical thinking in children and young adults to study the maturation
effect on brain networks at rest and during a cognitive task. Methods: Twenty children (8–12 years)
and twenty students (21–26 years) were studied. The synchronization likelihood was used to evaluate
the interregional synchronization of different EEG frequency bands in children and adults, at rest and
during math. Then, graphs were constructed and characterized in terms of local structure (clustering
coefficient) and overall integration (path length) and the ‘‘optimal’’ organization of the connectivity i.e.,
the small world network (SWN). Results: The main findings were: (i) Enhanced synchronization for
theta band during math more prominent in adults. (ii) Decrease of the optimal SWN organization of
the alpha2 band during math. (iii) The beta and especially gamma bands showed lower synchroniza-
tion and signs of lower SWN organization in both situations in adults. Conclusion: There are interest-
ing findings related to the two age groups and the two situations. The theta band showed higher syn-
chronization during math in adults as a result of higher capacity of the working memory in this age
group. The alpha2 band showed some SWN disorganization during math, a process analog to the
known desynchronization. In adults, a dramatic reduction of the connections in gray matter occurs.
Although this maturation process is probably related to higher efficiency, reduced connectivity is
expressed by lower synchronization and lower mean values of the graph parameters in adults. Hum
Brain Mapp 30:200–208, 2009. VVC 2007 Wiley-Liss, Inc.
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INTRODUCTION

Oscillatory phenomena corresponding to the electroen-
cephalographic (EEG) frequency bands play a major role
in functional communication in the brain at rest and dur-
ing different integrative functions. Functional interactions
between different brain regions may be studied by estimat-
ing statistical interdependencies between EEG signals
recorded over different brain regions, a concept referred to
as ‘‘functional connectivity.’’ The connectivity at rest and
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during various tasks is expressed differently by the
distinct frequency bands [Bąsar et al, 2001; Bruns and Eck-
horn, 2004; Dumermuth et al., 1971; Palva et al., 2005;
Röhm et al., 2001; Sauseng et al., 2002; Varela et al., 2001].
Most studies have been performed in adults. Several
studies have shown the influence of maturation on the
immature EEG signals of childhood [Clarke et al., 2001;
Dustman et al., 1999]. This raises the question whether
general patterns can be detected in the way functional
brain networks mature.
Connectivity at rest and during cognitive tasks has been

studied using several methods [Ioannides, 2007; Sporns
et al., 2000; Stam et al., 2007]. Recently, tools from graph
theory have been used in several studies to investigate the
general properties of the spatial structure of anatomical as
well as functional networks as studied with EEG, MEG
and fMRI [Achard et al., 2006; Basset and Bullmore, 2006;
He et al., 2007; Humphries, 2006; Stam and Reijneveld,
2007; Stam et al., 2007]. The connectedness of the neuronal
assemblies is usually assessed with two characteristic
measures of the representations of the networks (graphs).
The first measure is the clustering coefficient (C), a mea-
sure of ‘‘transitivity,’’ which indicates the connectedness of
the nodes neighbors (if A connects to B and C, what is the
chance that B and C will be connected as well). The second
measure is the path length (L), which is an indicator of the
overall connectedness (integration) of the graph. With
these measures the topological organization of the neural
networks involved in the generation of the EEG signals in
various frequency bands and their interrelations can be
studied. Further computation of these measures and com-
parison with random networks can provide information
about a property called ‘‘small-world’’ network organiza-
tion, referring to the near-optimal networks, which are in-
termediate between ordered and random networks. They
correspond to graphs with many local connections and a
few random distance connections. They are characterized
by a high clustering coefficient (like ordered networks)
and a short path length (like random networks). An opti-
mal SWN organization has been found in anatomical,
functional neuroimaging and electrophysiological studies
to occur in healthy individuals [He et al., 2007; Sporns
et al., 2000; for review see: Stam and Reijneveld, 2007]. In
contrast, brain pathology changes network structure, gen-
erally in the direction of more ‘‘random’’ networks
[Micheloyannis et al., 2006; Stam et al., 2007].
In the present study we address the following two ques-

tions: (i) does normal ageing influence network structure?
(ii) is the ageing effect on network structure influenced by
task demands? For this study we evaluated the synchroni-
zation and organization of the neuronal networks using
the synchronization likelihood (SL) i.e., a linear and non-
linear estimation of the synchronization of the neuronal
networks separately for each frequency band and then
constructed graphs to evaluate their properties, in particu-
lar C and L. This was done at rest and during a difficult
mathematical task in a group of children and in another

group of young adults. Since there is evidence that SWN
organization is a cost-effective information processing
system established during the evolution [Basset and Bull-
more, 2006], we wanted to study the influence of matura-
tion and the changes during a cognitive task in children
and adults.

MATERIALS AND METHODS

Twenty children aged 8–12 years and twenty students of
the medical faculty in Crete, aged 21–26 years were eval-
uated. The children had no medical history. Intellectual
and school-achievement abilities and behavior were nor-
mal. They were tested using four subscales of the Greek
version of the WISC-III test, the auditory association and
reception subscales of the Greek version of the Illinois test
of psycholinguistic abilities, the ZAREKI test for calcula-
tion abilities and the Greek version of the child behavior
checklist. The students had no pathological history and no
learning difficulties as shown by good degrees in the
previous 2 years of their study in the university. The EEG
recording was performed, while the individuals were com-
fortably seated in a declined chair in a dimly illuminated
and sound attenuated room. The EEG was recorded from
30 electrodes according to the international 10/20 system:
FP2, F4, FC4, C4, CP4, P4, O2, F8, FT8, T4, TP8, PO8, Fz,
FCz, Cz, CPz, Pz, Oz, FP1, F3, FC3, C3, CP3, P3, O1, F7,
FT7, T3, TP7, PO7, and A1 1 A2 as reference. First they
fixed on a small star on the screen of a PC. Then followed
the second part of the EEG recording while they performed
a difficult calculation, while looking on the numbers they
calculated presented on the PC screen. The calculations pre-
sented intended to produce, apart from specific activations,
simultaneously widespread cortical activation as known to
occur in difficult mathematical calculations [Micheloyannis
et al., 2005]. Many similar calculations as those used in the
study were given and tested in students and children of the
same age span prior to the study. They succeeded about
80% of these tests. The calculations were two-digit multipli-
cations for students, a difficult task, and two-digit subtrac-
tions for children since, after their curriculum, this was a
difficult mathematics, while the two-digit multiplications
were impossible for the children.
The EEGs were recorded using ‘‘CONTACT Precision

Instruments amplifiers’’ and with the help of a ‘‘DATAQ
AD Converter.’’ From the EEG recorded during these cal-
culations, we selected off line from the screen of a PC one
artifact free epoch of 8 s (4,096 samples with a sample fre-
quency of 500 Hz) from each subject and for each condi-
tion. The pieces corresponding to the mathematics were
pieces during successful calculations. We computed the SL
using the DIGEEGXP software developed by one of the
authors (Cornelis J. Stam). The parameter settings for this
computation were as described by Montez et al. [2006]. A
brief description is given in the Appendix A. The SL is a
measure of statistical independencies between a time series
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and one or more other time series within a dynamical sys-
tem sensitive to linear and nonlinear independencies. It
has been used in normal and pathological studies and it
takes in account the linear as well as the nonlinear proper-
ties of the EEG signals [Montez et al., 2006; Ponten et al.,
2007; Stam, 2005; Stam et al., 2007]. Using a zero phase
pass-band filer, we defined the EEG bands, using the clas-
sic EEG bands as employed in many EEG studies. From
the EEG filtered in theta (4–8 Hz), alpha1 (8–10 Hz),
alpha2 (10–13 Hz), beta (13–30 Hz), and gamma (30–45
Hz) bands we calculated the mean values of the SL as an
index of the average synchronization. We did not analyze
delta and higher gamma bands because of contamination
of artifacts (eye movement or muscle activity) in these
bands and because the information extracted from the ana-
lyzed bands is proper for the proposed cognitive evalua-
tions. Each 30 3 30 synchronization matrix of size 30 i.e.,
the number of channels, was converted into a binary
(unweighted) graph using a threshold so that SL values
higher than the threshold indicate the existing edges [see
Stam and Reijneveld, 2007; Stam et al., 2007 and Appendix
B]. Since the structure of the graph is generally biased by
the number of existing edges, statistical measures should
be calculated on graphs of equal degree K. Therefore,
threshold T was chosen such for each analyzed epoch that
all the produced graphs had a fixed mean degree (K 5 5),
which is the average number of edges per node of the
graph (see and Appendix B). The choice for K 5 5 was
identical to a previous study on similar experiment, in
which C and L were calculated as a function of K and sub-
sequent t-tests between the two groups revealed significant
differences of L in a neighborhood around K 5 5 [Michel-
oyannis et al., 2006; Montez et al., 2006]. Then, we com-
puted their characteristic parameters C (clustering coeffi-
cient) and L (path length) as well as the other graph theo-
retical parameters (for explanations, see Appendix B). The
values of C and L were compared with the corresponding
values of ensembles of twenty random graphs (C-s, L-s)
using the ratios k 5 L/L-s and g 5 C/C-s. Subsequently, a
summary measure of ‘‘small-worldness’’ can be defined by
the ratio S 5 g/k, which will be greater than 1 for small-
world networks [Humphries et al., 2006; Stam and Reijne-
veld, 2007; Stam et al., 2007]. For statistics we used SPSS
14.0 for windows and we performed a repeated measures
ANOVA for each frequency band and for the mean SL val-
ues averaged over all electrode pairs, C, L, C/C-s, L/L-s,
and S taking the two situations (rest, math) as within sub-
jects’ factors for the two groups (children or students as
between subject factors). Since values of SL are bounded
(Pref < SL < 1), departure from normality should be care-
fully considered. A test for normality is not useful for sam-
ples of this size leaving us with the option of data trans-
formation. Therefore, we repeated the statistical analysis
after transforming the data using the logit transform: y 5
log (x/(1 2 x)). There was no alteration on the significance
of the hypothesis testing results compared with the ones
using the raw data. For the gamma band we repeated the

analysis with two cases excluded. These two individuals
were outliers showing great differences in their values i.e.,
high values explained as the result of muscle artifacts.

RESULTS

Figure 1 shows the mean values of SL and Figure 2 the
mean values of S of the different bands, the two groups,
the rest situation and the math task. Table I shows the
mean C and L values and Table II the mean values of S
and the corresponding values of C/C-s and L/L-s.
The main findings are the increased SL values of theta

and gamma band during math. Additionally, the SL values
were higher in children compared with adults for both the
higher bands and both conditions. The graph parameters
for alpha2, beta, and gamma bands are indicative of a

Figure 1.

Presented are the mean SL values in children and adults of the

different frequency bands during rest and the cognitive task

(math); error bars 5 95% of the CI. Significant differences are:

(1) Increase of theta band during math in students [Rest values

0.0373 (SD 5 0.0072); Math values 0.0407 (SD 5 0.0117) i.e.,

8.35% higher, P 5 0.029]. (2) Increase of gamma band during

math in comparison with rest in children [Rest values 0.0289

(SD 5 0.0068); Math values 0.0378 (SD 5 0.0035) i.e., 23.54%

higher, P 5 0.010]. (3) At rest the values of beta band were

higher in children [Children 0.0379 (SD 5 0.0089); Students

0.0300 (SD 5 0.0052) i.e., 20.84% higher, P 5 0.002]. (4) At

rest the values of gamma band were higher in children [Children

0.0289 (SD 5 0.0068); Students 0.0237 (SD 5 0.0035) i.e.,

17.99% higher in children, P 5 0.010]. (5) During math, the values

of beta band were higher in children [Children 0.0379 (SD 5
0.0112); Students 0.0307 (SD 5 0.0072) i.e., 18.99% higher in chil-

dren, P 5 0.025]. (6) During math, the values of gamma band were

higher in children [Children 0.0378 (SD5 0.0184); Students 0.0262

(SD5 0.0117) i.e., 30.68% higher in children, P< 0.001].
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degree of change of the organization towards more ran-
dom networks in adults. Additionally, graph parameters
of alpha2 band show a decline of SWN organization dur-
ing math. Beta and especially gamma band also show a
similar decline during math. In detail:

1. Theta band: For SL there was a significant main task
effect: The SL for math was higher than the SL at
rest; (P 5 0.039; F [1.36] 5 4.582) and for students the
SL values were higher for math in relation to rest
(P 5 0.029) as resulted from the pair wise compari-
sons. The graph parameters C, L, and S showed no
differences.

2. Alpha1 band: No differences were found in any of
the measures.

3. Alpha2 band: The C values showed a significant main
task effect: The values during math were lower in
comparison with the values at rest (P 5 0.023; F [1.36]
5 5.660). The values of S showed a significant decline
during math: The main task effect was significant; (P
5 0.029; F [1.36] 5 5.175) with lower values during
math.

4. Beta band: The SL values showed a significant main
group effect i.e., higher values for children than for
students (P 5 0.006; F [1.36] 5 8.534). The SL values
for children were higher at rest as well as during the
math task in comparison with the values of the stu-
dents: For rest (P 5 0.002; F [1.36] 5 10.629) and for
the math task (P 5 0.025; F [1.36] 5 5.447). For C, the

values at rest were lower in adults in comparison
with the children (P 5 0.025; F [1.36] 5 5.465).

5. Gamma band: For SL there was a significant main
group effect (P < 0.001; F [1.34] 5 17.379) as well as
a significant task by group interaction (P 5 0.011;
F [1.34] 5 7.229). At rest, the children showed higher
values in relation to the students (P 5 0.010; F [1.34]
5 7.394). Additionally, during math, the children
showed higher values in relation to the students (P 5
0.000; F [1.34] 5 19.450). The children showed higher
values during math in relation to rest (P 5 0.010;
F [1.34] 5 14.772).

The C values showed a significant main group effect:
The values for adults were lower in comparison with those
of children (P 5 0.010; F [1.34] 5 7.527). Additionally, the
pair wise comparison showed lower values in adults in
comparison with the children at rest (P 5 0.017; F [1.34] 5
6.348) as well as during math (P 5 0.017; F [1.34] 5 6.289).
The L showed a significant main task effect with higher
values during math in relation to the rest (P 5 0.010;
F [1.34] 5 7.395), a significant task by group interaction
(P 5 0.022; F [1.34] 5 5.768) and a main group effect: The
children showed higher values in relation to the students
(P 5 0.037; F [1.34] 5 4.693). The pair wise comparison
showed higher values for children in relation to the stu-
dents during the math task (P 5 0.017; F [1.34] 5 6.328). In
children the values of L were higher during math in com-
parison with the rest situation (P 5 0.001).

DISCUSSION

In this study, we used an estimate of linear and nonlin-
ear synchronization and then graph theoretical tools to
interpret the neural networks of EEG bands of children
and young adults at rest and during a cognitive task i.e., a
difficult mathematical calculation. We found differences in
network organization of all but the alpha1 band related to
age, condition and bands. In detail:

Synchronization as Expressed by the SL

The increase of the synchronization of theta band during
the math task as shown by the main task effect is
explained by the increase in WM function during math
[Canolty et al., 2006; Humphries et al., 2006; Schack et al.,
2002; Stam et al., 2002]. The more prominent enhancement
of theta band synchronization during WM in adults could
be explained as the result of the differences in the WM
capacity. There was no WM overload since performance
on most of the math tasks were successful as shown by
the clinical data and the difficulty of the math tasks was
adjusted to the age and education. WM capacity increases
especially from childhood to adolescent, which expands
up to the end of the second decade of the life [Blakemore
and Choudnhury, 2006; Klingberg, 2006; Luna, 2004; Whit-
ford et al., 2007]. WM, like other cognitive functions,

Figure 2.

The bars present the mean values of S (the small world index)

during the rest situation and the cognitive task (math) in children

and adults for all the frequency bands studied (error bars 5
95% of the CI). Significant higher are the values of S at rest for

the beta band in children in relation to the students [9.37%

higher, P 5 0.025].
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depend on distinct specialized areas of the cortex, which
communicate via neural connectivity across specialized
brain regions [Paus, 2005; Röhm et al., 2001; Stam et al.,
2002]. Gray and white matter maturation during puberty
is characterized by reduction of neuronal connections such
that infrequently used connections are eliminated, a pro-
cess called ‘‘pruning’’ [Kuhn, 2006; Paus, 2005]. An expres-
sion of this dramatic reduction in the number of cortical
synapses (about 40%) is the reduction of the EEG power at
rest. In the white matter, myelinization is enhanced to
improve the efficiency of the neuronal connections. Thus,
more selective and stronger neuronal connections during
activations are the result of the maturation [Kuhn, 2006].
This organization due to maturation may explain the
enhanced theta synchronization of the students during
WM as the result of the math task in comparison with the
values of the rest situation.
The alpha frequency band was separately evaluated in

lower and higher frequencies since there are different fre-
quency effects [Klimesch, 1999; Laufs et al., 2006; Stam
et al., 1999]. Many studies have found differing patterns of
reactivity when the alpha frequency is divided in the
lower and higher frequencies [Fink et al., 2005; Klimesch,
1999]. There are some studies showing similar reactivity
patterns of both frequencies in the alpha range in contrast
to other studies where they have found distinct patterns
and there is evidence that in simple tasks, there is a simi-
larity in the reactions and more difficult tasks show differ-
ent reactions and some kind of functional specialization of
the lower and upper frequencies [Fink et al., 2005]. In the
present study the SL values for both alpha bands showed
no differences between the two groups or the tasks.
The higher synchronization of the higher ‘‘cognitive’’

[Bruns and Eckhorn, 2004; Haenschel et al., 2000; Hermann
et al., 2004; Kaiser and Lutzenberger, 2005] bands in child-
hood at rest and during the cognitive task is interesting
and has not been previously described. The maturation of
the cortex accompanied by synaptic elimination could
explain this difference of SL in the range of the higher fre-
quency bands. These frequencies express short or local
connectivity in the cortex, independent of the fact that
they can be activated simultaneously with lower frequen-
cies. Thus, the SL with its sensitivity to linear and nonlin-
ear connectivity shows the interesting finding that the syn-
chronization in these bands is higher in children at rest.
Additionally, the children react with higher synchroniza-
tion during math as expressed by the gamma band eventu-
ally because of the richer connections in this age. The
adults have reduced connections and react more efficient
with less synchronization needed. This synchronization
mainly involves regions co activated by connections
related to slower bands, ‘‘mature’’ in this age.

Graph Parameters

The alpha2 frequency band showed interesting findings.
The lower C and S values of the alpha2 band during math

in both groups are indicative of lower local clustering with
lower SWN organization of the alpha2 band during the
difficult math task, which produces more widespread cort-
ical activation [Micheloyannis et al., 2005]. This reorganiza-
tion during math towards the randomization (lower S) and
less local (low C) organization during the difficult math
task is interesting although difficult to explain. As known
from the desynchronization of this frequency band during
this cortical reactivity seen in EEG signals, a simultaneous
increase of blood oxygen level is seen in functional mag-
netic resonance imaging indicative of an increase in corti-
cal activity [Laufs et al., 2006]. This means that (visual and
attentional) activated cortical areas show more tide re-
gional functions in relation to rest. These changes during
math occurring in some places in cortex could result in
lowering of the measured C since the measured C is the
mean value. Lowering of the mean value of C has as result
lowering of S values as well.
The higher, beta and gamma frequency bands, express

mainly short and local connections enhanced during acti-
vations. The children show enhanced interregional syn-
chronization in the baseline situation as well as during the
cognitive task. Graph parameters show differences in rest
and during math between children and adults. These find-
ings are more prominent in the gamma band. The optimal
SWN organization, which is the evolutionary goal is evident
in children and differs in some degree in adults in both situa-
tions for the higher frequencies, especially for the gamma
band. In children, a vast majority of short cortical connections
are the anatomical substrate for the beta and gamma bands
responsible for the SWN organization of the default situation
with higher synchronization and local clustering values.
Thus, the changes of the higher frequency bands towards less
SWNorganization occur in adults where an enormous reduc-
tion of the short connections has changed the anatomical sub-
strate. Although these changes intent higher efficiency, our
measurements show differences of the parameters, which we
can explain as the result of the reduction of the number of
connections between the nodes resulting in lower local clus-
tering and SWNorganization.

Conclusion

The above mentioned findings using a synchronization
measure and graph theoretical methods, are related (i) to
the organization of the neuronal networks of the different
EEG frequency bands at rest i.e., at the so called ‘‘baseline’’
or the ‘‘default mode’’ [Morcom and Fletcher, 2006] in chil-
dren and adults and (ii) to the changes of these bands dur-
ing a cognitive process known to produce increased WM
and widespread cortical reaction. During childhood, the
cortical connections are denser, while they are reduced in
the students. However, in adults the overall loss of synap-
ses may be counterbalanced by enhancement of special
connections. Thus, during maturation, fine changes of the
local and distant interconnections occur [Kuhn, 2006] and
the baseline shows anatomical differences in the two age
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groups influencing the organization of the ‘‘default mode’’
in children and adults. During a function such as a cogni-
tive task, the changed patterns of connections due to matu-
ration are expressed by differences in neuronal connectiv-
ity organizations.
During the cognitive task, theta band show enhanced

synchronization more prominent for adults (WM, which
has higher capacity in adults) and alpha2 band show a
decline of the ‘‘optimal’’ SWN organization, an interesting
finding indicative of some disorganization, which could be
related to the known desynchronization. Concerning the
higher frequencies, they show differences in the ‘‘baseline’’
between children and adults. The synchronization shows
lower values at rest in adults and the graph parameters
show organization towards the random networks in
adults. Gamma band shows less SWN organization in
adults at rest and during math in comparison with the cor-
responding values of children whereas beta band shows
such a difference only at rest. The SWN organization
developed for better performance is more obvious in chil-
dren. The anatomical changes occurring during maturation
intent also to more efficient differentiation.
Using scalp electrodes as nodes to construct the graphs,

theta and alpha bands give more precise results since they
have higher power and are the expression of distant con-
nections. In contrast, higher frequencies have lower power
and express connections in short distances. These factors
result in difficulties for precise interpretation of the high
frequency bands using graphs constructed from the scalp
electrodes. Nevertheless, the less SWN organization of the
higher bands can be explained as the result of anatomical
changes. In children there exist high connectivity and
more SWN organization, in adults reduced connectivity at
rest and reduced but more efficient connectivity during
the cognitive process. The above findings add new knowl-
edge concerning the organization of the different EEG
bands at the baseline in children and adults as well as
their reactivity during the cognitive activation.
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APPENDIX A

Calculation of the Synchronization Likelihood

The SL [Montez et al., 2006; Ponten et al., 2007; Stam,
2005; Stam et al., 2007] is a measure of the generalized syn-
chronization between two dynamical systems X and Y.

Generalized synchronization exists between X and Y of the
state of the response system is a function of the driver sys-
tem: Y 5 F(X). The first step in the computation of the SL
is to convert the time series xi and yi recorded from X and
Y as a series of state space vectors using the method of
time delay embedding [Stam and Reijneveld, 2007]:

Xi ¼ ðxi; xiþL; xiþ2L; . . . ; xiþðm�1ÞLÞ ð1Þ

where L is the time lag, and m is the embedding dimen-
sion. From a time series of N samples, N 2 mL vectors can
be reconstructed. State space vectors Yi are reconstructed
in the same way.
SL is defined as the conditional likelihood that the dis-

tance between Yi and Yj will be smaller than a cut-off dis-
tance ry given that the distance between Xi and Xj is
smaller than a cut-off distance rx. In the case of maximal
synchronization this likelihood is 1; in the case of inde-
pendent systems, it is a small, but nonzero, number,
namely Pref. This small number is the likelihood that two
randomly chosen vectors Y (or X) will be closer than the
cut-off distance r. In practice, the cut-off distance is chosen
such that the likelihood of random vectors being close is
fixed at Pref, which is chosen the same for X and for Y. To
understand how Pref is used to fix rx and ry we first con-
sider the correlation integral:

CðrÞ ¼ 2

NðN � wÞ
XN
i¼1

XN�w

j¼iþw

uðr� jXi � XjjÞ ð2Þ

Here the correlation integral C(r) is the likelihood that
two randomly chosen vectors X will be closer than r. The
vertical bars represent the Euclidean distance between the
vectors. N is the number of vectors, w is the Theiler correc-
tion for autocorrelation [Theiler, 1986] and y is the Heavi-
side function:

uðxÞ ¼ 1 x � 0
0 x < 0

�

Now, rx is chosen such that C(rx) 5 Pref and ry is chosen
such that C(ry) 5 Pref. The SL between X and Y can now
be formally defined as:

SL ¼ 2

NðN � wÞPref

XN
i¼1

XN�w

j¼iþw

uðrx � jXi � XjjÞuðry � jYi � YjjÞ

ð3Þ

SL is a symmetric measure of the strength of synchroni-
zation between X and Y (SLXY 5 SLYX). In Equation (3)
the averaging is done over all i and j; by doing the averag-
ing only over j, SL can be computed as a function of time
i. From (3) it can be seen that in the case of complete syn-
chronization SL 5 1; in the case of complete independence
SL 5 Pref. In the case of intermediate levels of synchroni-
zation Pref < SL <1.
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In the present study the following parameters were
used: Pref was set at 0.01, for the state space embedding a
time lag of 10 samples, an embedding dimension of 10
and a Theiler correction of 0.1 [Montez et al., 2006; Ponten
et al., 2007].

APPENDIX B

Explanation of the Graph Parameters Calculation

A threshold was applied on the synchronization matrix
to derive unweighted (binary) graphs [see also Montez
et al., 2006; Stam and Reijneveld, 2007; Stam et al., 2007].
According to this, elements of the synchronization matrix
exceeding a certain threshold T designate an existing con-
nection between the corresponding pair of nodes (i.e. chan-
nels). The clustering coefficient C and the characteristic
path length L were subsequently used to characterize the
local and global structure of the calculated graphs.
The clustering coefficient Ci of a vertex i with degree ki

is defined as the ratio of the number of existing edges (ei)
between neighbours of i, and the maximum possible num-
ber of edges between neighbours of i.

Ci ¼ 2ei
kiðki � 1Þ

The clustering coefficient C of the graph is the average
over all vertices Ci

C ¼ 1

N

XN
i¼1

Ci

The path length di,j between two vertices i and j is the
minimal number of edges that have to be travelled to go
from i to j. The characteristic path length L of a graph is

the mean of the path lengths between all possible pairs of
vertices.

L ¼ 1

NðN � 1Þ
X

i;j2N;i6¼j

di;j

To avoid the problem of the disconnected graphs we
used an alternative approach based on the global efficiency
E [Latora and Marchiori, 2001] where L is calculated as the
reciprocal of the average of the reciprocals.

L�1 ¼ E ¼ 1

NðN � 1Þ
X

i;j2N;i6¼j

1

di;j

It should be noted that the actual procedure involved
conversion of the synchronization matrix to a graph for
each subject first and finally averaging over subjects the
individual values of C and L for a given T. Selection of the
threshold T was done on the basis of obtaining a fixed
degree, in which this study was set to K 5 5. The compari-
son of C and L between the groups using a common value
of K assures that any differences represent changes in
graph organization.
The values of C and L were also compared with the cor-

responding values of ‘‘equivalent’’ random graphs gener-
ated according to a procedure that preserves the degree
distribution [Sporns and Zwi, 2004]. For each subject,
twenty random graphs were generated for K 5 5 and the
average values of clustering index C-s and path length L-s
were compared with the ones of the real EEG data.
For a small-world network the expected ratio k 5 L/L-s

is �1, while the ratio g 5 C/C-s is greater than 1. To sum-
marize these two ratios, we calculated the scalar measure
S 5 g/k, which will be greater than 1 for small-world net-
works, that is, networks of greater than random clustering
and near random path length.
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