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Abstract: Injection molding is an economical and effective method for manufacturing polymer parts
with nanostructures and residual stress in the parts is an important factor affecting the quality of
molding. In this paper, taking the injection molding of polymethyl methacrylate (PMMA) polymer in
a nano-cavity with an aspect ratio of 2.0 as an example, the formation mechanism of residual stresses
in the injection molding process was studied, using a molecular dynamics simulation. The changes in
dynamic stress in the process were compared and analyzed, and the morphological and structural
evolution of molecular chains in the process of flow were observed and explained. The effects of
different aspect ratios of nano-cavities on the stress distribution and deformation in the nanostructures
were studied. The potential energy, radius of gyration and elastic recovery percentage of the polymer
was calculated. The results showed that the essence of stress formation was that the molecular chains
compressed and entangled under the flow pressure and the restriction of the cavity wall. In addition,
the orientation of molecular chains changed from isotropic to anisotropic, resulting in the stress
concentration. At the same time, with the increase in aspect ratio, the overall stress and deformation
of the nanostructures after demolding also increased.

Keywords: injection molding; residual stress; PMMA; molecular dynamics simulation; aspect ratio

1. Introduction

Functional surfaces with micro/nano-structures are widely used in microfluidic chips [1,2],
superhydrophobic surfaces [3], optical conversion surfaces [4] and biomimetic surfaces [5] due to their
excellent optical, electrochemical and biological properties. Therefore, micro/nano manufacturing
technology has become the forefront of modern science and technology. At present, micro/nano size and
high precision requirements pose great challenges to processing and manufacturing. Micro-injection
molding is an ideal means for manufacturing various shapes and sizes of micro/nano structured parts,
which is economic, effective and has the potential for mass production [6]. However, residual stress
is one of the most important factors that influences the final quality of the injection molded parts.
Its existence will directly affect the mechanical, optical and service properties of the parts, and it may
even lead to cracks in the parts [7,8]. Therefore, many scholars have been eager to resolve the residual
stresses of surface micro/nano structured parts via injection molding.

As we all know, the ordered orientation of molecules indicates the existence of residual
stresses [9,10], which can be reflected by birefringence experiments [11,12]. So far, in the process of
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injection molding, the influences of processing parameters on residual stresses have been well analyzed
through experiments and finite element simulations, among which temperature and pressure are the
research points of most concern. Weng et al. [13] used the birefringence method to detect residual
stresses in polycarbonate (PC) micro-lens arrays and found that the mold temperature was the most
significant factor affecting residual stress. Generally, the melt could fill the mold cavity smoothly
without forming a frozen layer with an appropriate mold temperature [14]. Lin et al. [15] studied the
effects of the processing conditions on the birefringence characteristics of Fresnel lenses and stated that
the residual stress was sensitive to the melt temperature. Sara et al. [16] proposed that the packing
pressure also had a significant effect on residual stresses. Besides this, residual stresses could be
effectively reduced by an annealing treatment [17].

The influence of processing parameters on residual stress and the molding quality of micro-injection
molding is different from that of traditional injection molding. When the scale is reduced to
micro/nano-size, the scale effect and specific surface area are increased. Therefore, some macroscopic
mechanisms are difficult to explain using microscopic laws and phenomena [18]. In this way, molecular
dynamics simulation has the advantage of analyzing macroscopic mechanisms at the molecular level.
At present, molecular dynamics simulation is widely used in the study of flow behavior [19–21],
interfacial heat transfer [22–24] and interfacial adhesion [25–27].

The mechanical forms and action positions of nanostructures in injection molding are similar to
those of nano-imprint technology. Yang et al. [28] studied the nano-imprint of polymethyl methacrylate
(PMMA) using molecular dynamics simulation, and the results showed that the potential energies
at the beginning and end of the imprinting were different to some extent; they were not completely
released, resulting in residual stress. Kang et al. [29,30] pointed out that the aspect ratio and shape of
the mold insert had different effects on the stress distribution of the structure. Fang et al. [31] believed
that the higher the temperature, the greater the shear strain of the atoms around the mold.

In this study, molecular dynamics simulation was adopted to study the mechanism of residual
stresses in micro-injection molding. The variation of dynamic stress, the morphological and structural
evolution of molecular chains and the influence of mold inserts with different aspect ratios on the
distribution of residual stresses in injection molding were investigated. The potential energy and radius
of gyration were introduced to explore the flow properties of molecular chains, and the formation
mechanism of residual stresses in injection molding was verified.

2. Materials and Methods

2.1. Model Constructing

Considering its good filling performance and excellent light transmission, PMMA material was
selected for the simulation. The initial amorphous model of simulation is shown in Figure 1, including
a mold insert layer, a polymer layer and a vacuum layer, with a box of 60 × 60 × 160 Ȧ. The mold
insert layer was composed of nickel (Ni) atoms, which had an FCC (face center cubic) structure with
a (1 0 0) plane and a height of 70 Ȧ. A groove of 20 × 40 Ȧ was cut to form the nano-cavity, with an
aspect ratio of 2.0. The PMMA layer was constructed in a configuration with a polymerization degree
of 20 and chain number of 50. A periodic polymer cell with a temperature of 298 K and a density of
1.18 g/cm3 was established. Then, a cyclic annealing treatment with a high temperature of 500 K and a
low temperature of 298 K was carried out under the NVT (the number of particles, the volume and the
temperature of the system are kept constant) ensemble to form a polymer system in a molten state.
A vacuum layer with a height of 10 Ȧ was applied over the PMMA layer to prevent the polymers from
coming into contact with the air. In addition, the x, y and z axes were assigned to the periodic, periodic
and free boundary conditions, respectively. Thus, the initial model of the simulation was established.
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Figure 1. Initial amorphous model of simulation.

2.2. Force Field

A consistent valence force field (CVFF) was adopted to represent the intermolecular and
nonbonding interactions between PMMA atoms. As shown in Equation (1), it was composed
of bond stretching potential, angular bending potential, torsion potential and nonbonding interaction.
Lennard–Jones 12–6 potentials were adopted to describe the nonbonding interaction between the
atoms in the PMMA layer and the nickel atoms in the mold insert layer.

Utotal = Ubond + Uangle + Utorsion + Unonbond

= kb(l− l0)
2 + ka(θ− θ0

2 + kt(1 + cos(nφ −φ0)) + 4εi j

((
σi j
ri j

)12
−

(
σi j
ri j

)6
)

(1)

where kb, ka, and kt were the stiffness constants of bond stretching potential, angular bending potential
and torsion potential. l, θ, nφand l0, θ0, φ0 were the bond length, bond angle, torsion angle and the
average values of them, respectively. σi j and εi j were the two Lennard–Jones potential parameters that
defined the nonbonding interaction, which represented the well depth and zero-potential distance
of the Lennard–Jones potential. Finally, ri j was the distance between the atoms i and j. The cut-off

distance of the nonbonding interaction was set to be 1.25 nm.

2.3. Simulation Procedure

The simulations were performed using a large-scale atomic/molecular massively parallel simulator
(LAMMPS), which was an open-source molecular dynamics package in a computer cluster. After 1.0 ps
initial relaxation, the simulation procedure for the injection molding process included filling, packing,
cooling and demolding, as shown in Figure 2. It was assumed that the Ni mold insert was rigid because
Young’s modulus of the PMMA polymer was negligible relative to that of Ni, so all Ni atoms were fixed
in their initial positions in the simulation. Prior to the simulation of injection molding, the PMMA layer
was heated to 533 K, above the melting temperature, and relaxed for a period to achieve the optimal
initial state. During the filling stage, each PMMA atom was applied with a force of 1.0 kcal/mol·Ȧ
(equal to 0.07 nN) to ensure that the melt smoothly filled the nano-cavity. When a clear nanostructure
profile was formed, the simulation procedure immediately turned into the packing stage, with the
PMMA atoms becoming more and more compact under the packing pressure. Next, it entered the
cooling stage, as the nanostructure cooled to 353 K with the mold insert. Under a demolding force of
1.0 kcal/mol Ȧ in the opposite direction, the PMMA nanostructure moved upward and finally out of
the cavity. Thus, an entire injection molding process was completed. In the whole simulation process,
the time step, the total step number and the ensemble were 0.2 fs, 150,000 and NVT, respectively.
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Figure 2. Time and temperature settings of simulation procedure for the injection molding process.

3. Results and Discussion

3.1. Dynamic Stresses during Injection Molding

In order to investigate the formation mechanism of residual stresses during the injection molding
process, it was necessary to observe and analyze the dynamic stresses in this process. By calculating
the stress and volume of each atom, the stress contour was obtained. The stress was analyzed by the
von Mises stress, which was a combination of normal and shear stress, and the equivalent stress was
calculated by Equation (2).

σ2
von = 3(σ2

xy + σ2
yz + σ2

xz) +
1
2
[(σxx − σyy)

2 + (σyy − σzz)
2 + (σxx − σzz)

2] (2)

As shown in Figure 3, there was a series of snapshots of stress changes during the injection
molding process. The dynamic stress changes were mainly divided into four injection molding stages.
However, the filling and packing stages could not be completely divided in the simulation, and these
two stages could only be distinguished according to the PMMA layer completely entering the mold
cavity to form a clear nanostructure profile.

It could be seen that the internal stress distribution of the polymer was nearly uniform,
and the overall stresses after initial relaxation were relatively small. With the progress of the
filling stage, the stresses of the nanostructure gradually increased, and the stress concentration
appeared at the shoulders of the nanostructure at 4.6 ps, showing obvious surface compressive
stresses. Then, the density of the PMMA layer increased continuously under the packing pressure,
forming a complete nanostructure. With the progress of the packing stage, the internal stresses of
the nanostructure further increased. At 5.8 ps, the stress concentration area began to transfer from
the shoulders to the bottom. Then, during the cooling stage, the overall stresses of the nanostructure
remained stable and fluctuated to a certain extent. Finally, under the demolding force, the nanostructure
was gradually separated from the cavity. In the demolding stage, the overall stresses of the structure
decreased sharply. When the demolding stage was carried out to 18 ps, the stress concentration area of
the structure began to spread, and eventually the stress distribution was relatively uniform. At this
point, it could be seen that there were considerable stresses in the nanostructure, resulting in the
residual stresses and large deformation of the structure.
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Figure 3 

Figure 3. Snapshots of stress changes during the injection molding process.

Potential energy is an important parameter reflecting the actual stress changes. The changes in the
molecular structure in the flow process, such as the compression or stretching of the molecular chain,
are signs of stress formation, which lead to further changes in the related potential energy, such as
bond stretching potential, angular bending potential and torsion potential. At the same time, Figure 4
shows the change curves of the potential energy and average stress of the PMMA layer during injection
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molding. It could be seen that the changes in both were basically the same. Therefore, we had sufficient
evidence to show that the potential energy was closely related to the formation of stresses.
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Figure 5 

Figure 4. Variation of potential energy and average stress.

By analyzing the changes in potential energy and average stress, we could roughly infer the
changes of the molecular chains. The results showed that the potential energy decreased to zero at
1.8 ps and increased in the opposite direction under the injection pressure, and the average stress
increased from around 0. Combined with the stress snapshots, it could be assumed that after relaxation,
the stretched molecular chains were gradually compressed on the shoulders of the nanostructure, with
the bond spacing decreasing as if a spring were compressed. When the PMMA layer continued to move
down, the potential energy and average stress reached the first peak and decreased at 3.6 ps, which
was caused by the molecular chains that were compressed on the shoulder beginning to align along
the flow direction and being forced to stretch. With the further application of injection pressure, both
of them began to increase rapidly, reaching the second peak at 6.4 ps, which was the maximum value
in the injection molding process. At this point, the molecular chains at the bottom of the nanostructure
started to be compressed and stored again, due to the limitation of the cavity.

Then, the potential energy of the molecular chain decreased slowly in the stages of packing and
cooling, which may indicate that the temperature was the main factor controlling this process. With the
decrease in the temperature, the oscillation frequency of the particles decreased, and the average stress
remained within a certain range. Finally, the potential energy and the average stress decreased sharply
due to the stretch and deformation of the molecular chains, under the combination of the release
force, the adhesion force between the mold insert and the polymer and the elastic recovery force of
the nanostructure. Eventually, the average stress was slightly higher than the initial stress, and the
potential energy was not fully released. The residual stresses still existed in the structure.

3.2. Evolution of Molecular Morphology and Structure

The migration of molecular chains and the change in molecular orientation in the PMMA layer
during injection molding were studied. The evolution law of molecular morphology and structure
were discussed, which helped to reveal the formation mechanism of stresses in the molding process
from the molecular level.

The morphology and structure evolution of the molecular chains were output by an open
visualization tool (OVITO), as shown in Figure 5. The colors of some representative molecular
chains were different, so it was easy to observe the changes in the molecular chains during the flow
process. Before the injection molding, the stretching shape and the orientation of each molecular
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chain were disordered and isotropic. At 2.0 ps, the molecular chains that first reached the shoulders
of the nanostructure were compressed, which was possibly the reason that the stress concentration
area appeared first in the shoulders. Then, at 3.0 ps, the molecular chains that had compressed
on the shoulders expanded and stretched, overcoming the steric hindrance, and oriented along the
flow direction. The concentration area of the shoulders of the nanostructure gradually disappeared.
Subsequently, the molecular chains were constantly pressed into the nano-cavity at 3.6 ps, and then those
that reached the bottom of the nanostructure started to be compressed, with the stress concentration
area transferred from the shoulders to the bottom. At this point, we could clearly observe that
the morphology and structure of each polymer chain exhibited anisotropic characteristics and were
oriented in the direction of flow. During the demolding stage, with the constant release of stresses,
the molecular chains were continuously stretched, and there was an obvious displacement between
the molecular chains at 24 ps, which was the reason for the deformation of the nanostructure.
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Figure 4 

 
 

 
 

Figure 5 

Figure 5. Morphology and structure evolution of molecular chains.

The radius of gyration is a crucial parameter to characterize the spatial shape distribution of
molecular chains, so it could be used to quantitatively characterize the morphology and structure
of molecular chains. Figure 6 demonstrates the variation of the gyration radius with time. In the
relaxation period, each molecular chain continuously stretched with the increase in temperature, and its
radius of gyration increased, reaching a peak value of 32 Ȧ at 1.4 ps. With the molecular chains on the
shoulder of the nanostructure compressed and entangled, the radius of gyration slowly decreased to
28.2 Ȧ at 3.6 ps. At this point, the energy inside the polymer kept accumulating, and the molecular
chains with a higher internal energy began to orientate along the flow direction under the injection
pressure and the limit of the cavity wall. Therefore, the radius of gyration increased again with the
extension of the molecular chains. Moreover, it reached 30.3 Ȧ when filling to 5.4 ps.

Then, the molecular chains reaching the bottom were gradually compressed and frozen in the
nanostructure, at which point the radius of gyration decreased and remained stable at around 29.3 Ȧ.
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This value was greater than the valley value of 28.2 Ȧ, which can be explained by the fact that the orientation
behavior of the molecular chains was dominant, relative to the compression behavior. Most molecular
chains were rapidly stretched and their radius of gyration correspondingly increased sharply.
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Figure 8 

Figure 6. Variation of the radius of gyration with time.

Through the description of the evolution of the molecular morphology and structure, it can
be seen that the essence of stress formation was the unbalanced conformation of molecular chains
during the molding process, such as ordered orientation, compression and entanglement behavior.
This unbalanced conformation could not be immediately restored to the equilibrium conformation
suitable for environmental conditions, and it was frozen in the nanostructure, where it was stored
as potential energy. However, this unbalanced conformation was also a kind of partially reversible
deformation. Therefore, during the demolding stage, the compressed unstable conformation would
be automatically converted into free stable conformation. At the same time, the stored potential
energy would be transformed into the elongation and migration of the molecular chains. At this point,
the whole injection molded structure would be deformed.

3.3. Effect of the Aspect Ratio of the Nano-Cavity

Nanostructures with different aspect ratios vary in their flow rate, flow resistance and other
factors, so that the aspect ratio affects the formation and distribution of residual stresses. In order to
further study the effect of aspect ratio on stress formation, the aspect ratio was controlled by adjusting
the cavity depth in the simulation.

The stress distribution values of the nanostructures with different aspect ratios before demolding
are compared in Figure 7. It can be seen that three structures with different aspect ratios were all
filled in the full outlines. The results show that the overall stress of the structure increased with the
increase in aspect ratio, and the maximum stress of the nanostructures with three aspect ratios were
68.3 GPa, 83 GPa and 86 GPa, respectively. Due to the increase in aspect ratio, more polymer and larger
deformation were required to form a complete nanostructure. Therefore, greater injection and packing
pressure were needed, resulting in an increase in the overall stress. In addition, when the aspect ratio
was 1.0, the stress concentration areas were mainly distributed at the bottom and shoulders of the
nanostructure. With the increase in the aspect ratio to 2.0, the stress concentration area was transferred
to the bottom. When the aspect ratio was 3.0, the spread stress concentration area also appeared at the
bottom, and the stress value was obviously larger than the other two.
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Figure 7. Stress distribution of nanostructures with different aspect ratios before demolding.

The change curves of potential energy and average stress are shown in Figure 8. As the aspect ratio
increased, the time required to reach the packing stage and complete the demolding stage in injection
molding also increased. Considering the increase in cavity depth, the PMMA layer needed a longer
time to arrive at the bottom and eject from the cavity. With the increase in aspect ratio, the potential
energy and average stress were increased during the packing stage, indicating that more molecular
chains were in the compression state.
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Figure 8 
Figure 8. Variation of potential energy (a) and average stress (b) with different aspect ratios.

To further investigate the influence of stress distribution in nanostructures with different aspect
ratios, the morphology and structure evolution of molecular chains in the molding process are shown
in Figure 9. When the aspect ratio was 1.0, some molecular chains that were compressed at the
shoulders had reached the bottom before their orientation along the flow direction due to the limitation
of cavity size. This may be the reason for the stress concentration area appearing at the shoulders and
bottom of the nanostructure. At the same time, it could be seen that the orientation of the molecular
chains along the flow direction was not clear, so the overall stress in the nanostructure was relatively
small. When the aspect ratio reached 2.0 and 3.0, more molecular chains were oriented along the flow
direction and were compressed and tangled at the bottom of the nanostructure, resulting in a larger
stress concentration area. In this case, the anisotropy of the nanostructure was more obvious and the
overall stress inside was greater.
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Figure 9. Morphology and structure of molecular chains with different aspect ratios.

The changes in the radii of gyration in nanostructures with different aspect ratios are shown in
Figure 10. The radii of gyration in the filling stage were constantly decreased, and the three curves
basically coincided. With aspect ratios of 2.0 and 3.0, the gyration radii of the nanostructures increased
after 3.4 ps, but they still decreased when the aspect ratio was 1.0. This indicated that most molecular
chains were in the compression state, and it also verified the above explanation about the evolution
of the molecular chains. Then, the gyration radii of the nanostructures with aspect ratios of 2.0 and
3.0 began to decrease slowly at 5.4 ps and 6.6 ps, respectively. At this point, the expansion and
stretching behaviors of the molecular chains were stronger than the compression and entanglement
behaviors, indicating the longer time needed to reach the packing stage. Additionally, in the stages of
packing and cooling, the radii of gyration were stable at around 27.9 Ȧ, 29.3 Ȧ and 34.2 Ȧ, respectively.
This showed that with the increase in aspect ratio, more molecular chains were oriented along the flow
direction, which led to the increase in the gyration radius. In the demolding stage, the radii of gyration
increased sharply, and the increasing trend was proportional to the aspect ratio.
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Figure 10. Radius of gyration with different aspect ratios.

The most direct effect of the internal stresses was the quality of the nanostructures after demolding.
There were more or less deformations of the nanostructures after demolding, as shown in Figure 11,
where the black rectangle represents the shape of the nanostructure before demolding, and the whole
nanostructure is widened and elongated in Figure 11. It could be observed that, with the increase in
aspect ratio, the deformation of the nanostructures became more serious than that before demolding.
Therefore, the degree of deformation after demolding could be obtained numerically by calculating the
elastic recovery percentage (Equation (3)). The related symbols in Equation (3) are also demonstrated
in Figure 12. The shapes of the nanostructure before and after demolding are represented by the dark
and light parts in Figure 12, respectively.

η =

∣∣∣∣∣h1 + h2

2h

∣∣∣∣∣•∣∣∣∣∣w1 + w2

2w

∣∣∣∣∣•∣∣∣∣∣h1
′ + h2

′

2h′

∣∣∣∣∣ (3)

where h1, h2, w1, w2, h1
′ and h2

′ represent the maximum and minimum values of the height and width
of the bottom and the height of the shoulder of the nanostructure after demolding, respectively. h,
wand h′ represent the values of the height and width of the bottom and the height of the shoulder of
the nanostructure before demolding.
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Figure 11 
Figure 11. Deformations of nanostructures with different aspect ratios.
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Figure 12 Figure 12. Calculation of elastic recovery percentage.

With aspect ratios of 1.0, 2.0 and 3.0, the elastic recovery percentages were calculated as 288%,
297% and 311%, respectively. Therefore, as the aspect ratio increased, the stresses also increased,
resulting in an increase in the elastic recovery after demolding and a larger deformation.

4. Conclusions

In this study, molecular dynamics simulation was used to investigate the formation mechanism
of residual stresses in the injection molding of the PMMA polymer. The changes in stress, potential
energy and average stress were analyzed in order to explore the dynamic stress during the molding
process. The migration and orientation were discussed in order to characterize the evolution of
molecular chains. It was found that the potential energy was related to the formation of stress, and its
variation trend was basically consistent with the average stress. The essence of stress formation was
unbalanced conformation, such as orientation, compression and entanglement behaviors, and the
orientation of molecular chains changed from anisotropy to isotropy. By comparing the stress
distribution of nanostructures with the different aspect ratios of 1.0, 2.0 and 3.0, the overall stress and
degree of deformation increased with an increase in aspect ratio. In addition, the elastic recovery
percentages were calculated as 288%, 297% and 311%, respectively. With the increase in aspect ratio,
a larger elastic recovery percentage indicated a larger deformation caused by the residual stresses.
Consequently, the stress relaxation behaviors after the molding process will be investigated in our
future work.
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Nomenclature

kb Stiffness constant of bond stretching potential
ka Stiffness constant of angular bending potential
kt Stiffness constant of torsion potential
l, l0 Bond length and equilibrium bond length
θ, θ0 Bond angle and equilibrium bond angle
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nφ, φ0 Torsion angle and equilibrium torsion angle
σi j Zero-potential distance of Lennard-Jones
εi j Well depth of Lennard-Jones
ri j Distance between the atom i and j
h1, h2 Maximum and minimum values of the height of bottom after demolding
w1, w2 Maximum and minimum values of the width of bottom after demolding
h1
′, h2

′ Maximum and minimum values of the height of shoulder after demolding
h, w Values of the height and width of bottom before demolding
h′ Values of the height of shoulder before demolding
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