
� 	 and � can be eliminated using � 	 � � %� �
� � � %� ÏÑ"�ÕÑy�N���[� %� =

From this we find that the steady state value of
���

is a solution of the equation
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In general, this has two real solutions, one with
Ñ��ÕÑy� � �[� %�«Ü H and the other with

Ñ*�ÕÑy� � �[� %�ÞÝ H . The latter results
in a negative value for � and therefore is not an acceptable solution. Thus we are left with only one fixed point.

Linear stability of the fixed point
We linearize the equations around the fixed point, which gives the Jacobian

ß �áàâã �ºäå Á - � æ2ç -Â æ Á � ~ Ã | H � ä Â F0E � ~ ÃÂ å Á - Ã | � ç � ~æ Á � ~P � � � I Hè -å Á - I � è å Â F0E � ~TÃÂ å Á - Ã |
é7êë

This matrix can be used to examine the stability of the fixed point. If ì � are the (possibly complex) eigenvalues of this matrix,
then the fixed point is unstable if AÄíGî � Ú ï�ð ��ì � 
 Û Ü H
and stable if AÄíGî � Ú ï�ð ��ì � 
 Û Ý H =

For small values of Ï , corresponding to strong saturation of the degradation, the fixed point is unstable and the system goes into
a periodic cycle. As Ï is increased the fixed point becomes stable and the oscillations disappear (Fig. S3.) This happens when the
value of Ï becomes comparable to the steady state value of � , which is precisely when the degradation rate stops being saturated.
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Figure S3: Importance of saturated degradation of � . A. Steady state solution of equation (1) for � as a function of the parameterÏ . Dashed line shows the region where the fixed point is unstable and the solid line shows the region where it is stable. Black dots
mark the parameter values used in (B) and (C). The crossover from unstable to stable occurs where Ï becomes comparable to the
steady state value of � , i.e., where the degradation of � stops being saturated. B. Trajectory of the system in the � -

�)�
phase plane,

for Ï �ñ>ò^wI
H E Ö , which converges to a stable limit cycle. C. Trajectory of the system, for Ï �OI = >Ä^wI3H E Ò , which converges to a
stable fixed point.
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