Simulated data details
For the simulate example we generated 100 X-variables and 50 Y-variables with an equal number of 30
observations in each, such that relevant X and Y variables were generated according to a normal

distribution with zero mean and covariance matrix ¥ defined by
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The matrices that form the basis of these covariances matrices are given below.

Covariance matrix of relevant X variables:

Ay 0
Yyx = Byx
0 Cyx
matrices A, By, and C,, are given respectively in the tables S1, S2 and S3:

Table S1: A, covariance matrix.

XY 1.00

X2 0.85 1.00

X3 087 085 1.00

X% 089 083 084 1.00

X5 087 090 0.90 0.90 1.00

X% 090 089 092 0.89 094 1.00

X7 092 091 093 093 096 0.95 1.00

X% 089 083 090 094 094 0.93 096 1.00

X% 0.86 086 093 090 091 095 096 092 1.00

X1 082 084 090 086 092 092 0.95 090 092 1.00




Table S2: B, covariance matrix.

X} X2 X o oxy X o x: o oxro o ox¥ o x) X
X} 1.00
X2 085 1.00
X2 087 085 1.00
X, 089 0.83 0.84 1.00
X2 087 090 090 0.90 1.00
Xg 0.90 0.89 092 089 094 1.00
XB7 092 091 093 093 096 0.95 1.00
Xs 0.89 0.83 090 094 094 093 096 1.00
Xg 0.86 0.86 0.93 090 091 095 096 092 1.00
XI;O 0.82 0.84 090 086 092 092 095 090 092 1.00
Table S3: C,,, covariance matrix.
Xo X3 X3
X! 1.00
X2 094 1.00
X2 096 095 1.00
Covariance matrix of relevant Y variables:
A, 0
Yy = B,,
Cyv
matrices 4,,, B,, and C,, are given respectively in the tables S4, S5 and S6:
Table S4: A, covariance matrix.
YAl }/AZ 1/A3 }/A4 }/AS Y:f )/:47 )/:48 );9 YAlO
Yy,  1.00
Y2 038 1.00
Y} 044 051 1.00
YA4 0.40 0.55 0.64 1.00
A5 0.71 0.62 0.61 0.60 1.00
Y> 054 015 045 047 0.70 1.00
)f: 0.47 0.63 062 049 0.73 0.36 1.00
Yf 0.52 050 0.42 027 073 047 0.60 1.00
);9 0.56 0.51 0.65 049 0.80 0.54 0.57 0.64 1.00
Y;w 0.48 034 039 033 069 049 047 049 0.65 1.00




Table S5:

B

yy COvariance matrix.

v, Yo v@ o vy
Y, 1.00
2 0.61  1.00
Y2 051 032 1.00
4 0.65 045 0.60 1.00
Y2 064 068 054 0.68 1.00
Table S6: C,, covariance matrix.
v o
Y!  1.00
Y? -0.96 1.00

Cross-covariance matrix between relevant X and Y variables:

matrices A

XY

B,, and C,

are given respectively in the tables S7, S8 and S9:

A, 0 0
0 B, O
0 0 C

Table S7: A, covariance matrix.

X, x x o Xx o x X x7 x} Xx) X\°

y! -072 -062 -0.64 -070 -0.65 -0.68 -0.71 -0.73 -0.63 -0.67
Y? -060 -0.67 -0.68 -0.66 -0.64 -0.68 -0.70 -0.65 -0.72 -0.64
Yy -061 -0.64 -0.61 -0.73 -0.68 -0.69 -0.69 -0.70 -0.65 -0.65
v -054 -0.64 -057 -0.59 -0.61 -0.65 -0.59 -0.61 -0.58 -0.56
Yy -0.8 -093 -0.86 -0.88 -0.92 -091 -093 -0.86 -0.88 -0.87
vy -062 -060 -051 -0.61 -0.64 -0.60 -0.62 -0.58 -0.57 -0.56
7 -061 -0.79 -0.63 -0.67 -0.75 -0.69 -0.71 -0.66 -0.67 -0.64
vy -071 -071 -070 -0.69 -0.70 -0.71 -0.74 -0.66 -0.78 -0.73
0 -084 -0.77 -0.78 -0.82 -0.79 -0.82 -0.82 -0.79 -0.78 -0.72
v -070 -0.65 -0.64 -0.67 -0.70 -0.66 -0.68 -0.67 -0.63 -0.60




Table S8: B,, covariance matrix.

X X2 xd o oXxr X x: o oxr o x¢ X2 X

Y} 074 078 085 0.75 081 081 0.8l 078 0.79 083
Y7 050 055 0.61 060 063 060 0.62 065 0.60 0.64
Y? 068 061 0.60 063 062 059 0.65 061 057 053
065 0.63 0.66 0.66 0.66 068 0.67 0.68 0.59 0.64
Yy 057 063 062 069 072 065 0.66 071 064 0.65

Table S9: C,, covariance matrix.

1 2 3

XC XC XC

y! 081 081 081
Y? -092 -091 -0.93




