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Asymptotic Variance of the Mean Score Estimator
Consider the weighted unbiased score equation
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where we use m; = 7(y;, v;) = P(R; = 1|ys,v:) = ny,v, /Ny,v, to denote the sampling probability for an individual i. As
noted by Lawless et al. [1], under mild regularity conditions [2]
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We denote the second-order inclusion probability as m;; = P(R; =1, R; = 1|y;,v;,yj,v;) SO T =m; - Tj =
Ny,v:/Nyiv; * Myj0;/Ny,v; if individuals 7 and j are from different strata (i.e. if (y;,vi) # (y;,v;)), while m;; =
Nyv, [Nyivs - (Mg, — 1)/ (Ny,0, — 1) if they are from the same stratum (i.e. (y;, vi) = (y;, v;)).

So,
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Therefore,
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and since E[Us(Y;| X3, Vi)Ug(Yi|Xi, Vi)] = By xv[-0Us(Yi| Xi, Vi) /0B8] [3], the asymptotic variance of the mean score
estimator is
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