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Supplementary Figure 1. Samples of magnetic fields and electric fields (a), the power spectral density of the 18 

electric fields (b) and magnetic fields (c). In panel (b), light blue arrows mark the second harmonics of lower-band 19 

chorus waves. The observed magnetic field components (peak-to-peak) are about 300–700 pT, and the electric field 20 

components (peak-to-peak) are about 10 mV/m. The latter is only about 1/40 of the range of EFW instrument, but 21 

second harmonics in the electric field spectra are found to occur in a same way as in the magnetic field one. 22 

  23 



 24 

 25 

Supplementary Figure 2. Bicoherence index calculated from the detected magnetic and electric fields near 26 

12:15:17 UT. High bicoherence index is found near 1000 Hz in both abscissa and ordinate, implying strong wave-27 

wave coupling for lower-band chorus and their second harmonics. 28 
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Supplementary Figure 3. Footprints of Van Allen Probe A and NOAA 18 between 1210 UT and 1230 UT. 33 

National Oceanic and Atmospheric Administration Polar Orbiting Environmental Satellite 18 (NOAA 18) has 34 

captured diffuse auroral electron precipitation in the regions (bold black curve) conjugately with Van Allen Probe A 35 

(VAP-A), in which lower-band chorus and their second harmonics have been found as well as electron pancake 36 

distributions (bold red curve). 37 
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 40 
Supplementary Figure 4. Van Allen Probe observations of another simultaneously observational event of in 41 

January 20, 2013. (a) Footprints of National Oceanic and Atmospheric Administration Polar Orbiting 42 

Environmental Satellite 19 (NOAA 19), and Van Allen Probe A (VAP-A). (b)-(c) chorus wave power spectral 43 

densities in survey and burst modes measured by the Van Allen Probe A. In panel (c), light blue arrows mark the 44 

observed second harmonics. 45 
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 47 
Supplementary Figure 5. NOAA observations of another simultaneously observational event of in January 20, 48 

2013. (a)-(d) Precipitating electron fluxes in different energy channels (189 eV, 844 eV, 2.595 keV, and 7.980 keV, 49 

respectively) measured by the Total Energy Detector (TED) onboard National Oceanic and Atmospheric 50 

Administration Polar Orbiting Environmental Satellite 19 (NOAA 19) in the ionospheric altitude. (e) -(g) 51 

Precipitating electron fluxes in different energy channels (>40 keV, >130 keV, and >287 keV, respectively) 52 

measured by the Medium Energy Proton and Electron Detector (MEPED) onboard NOAA 19. The grey rectangle in 53 

indicates the electron diffuse auroral precipitation observed by NOAA 19 in the ionospheric position conjugated 54 

with Van Allen Probe A which has detected chorus waves and their second harmonics near the magnetospheric 55 

equator. 56 
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Supplementary Figure 6. Another second harmonic event observed by the Van Allen Probe A in February 24, 59 

2014. (a) Samples of tri-axis magnetic fields (Bu, Bv, Bw) and electric fields in the spin plane (Eu, Ev) measured in 60 

the burst mode. (b) Power spectral densities of the measured magnetic fields, and their corresponding ellipticity, 61 

normal angles, and power-weighted normal angles. Chorus element accompanied with second harmonics are marked 62 

by the grey rectangles. 63 
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 65 

Supplementary Figure 7. Theoretical amplitude ratio of the second harmonic to the fundamental wave. (a) 66 

Amplitude ratio (B2/B1) as a function of normalized frequency and normal angles, using the plasma environment 67 

observed in Figure 1b and the observed amplitude of the fundamental wave (B1 = 0.35 nT). (b) A ratio profile at a 68 

normal angle of 25° ( = 25°). The theoretical ratio becomes significantly large near the preferred condition (F/Fce = 69 

cos/3), of which this ratio owns a peak value of 1.04% when the normalized frequency of the fundamental 70 

harmonic is 0.3. It is suggested that the observed second harmonics are excited by the fundamental through 71 

nonlinear wave processes. 72 
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 74 
Supplementary Figure 8.  Footprints of the Van Allen Probe A obtained from Tsyganenko magnetic models T89 75 

(blue), and TS04D (red) in geophysical latitudes (GEO_Lat) and longitudes (GEO_Lon).  76 


